EEEMETED-HD
TILFaAFTFIagS53245 AR5
Fortran#m
FIEHME dRT7I)r—3>, OpenMP

hEHE
RRAPEREBE 5
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AmMDER

IA4oa7aeyN7ILFaTIE, A=—a7 1t

—EKEHEBEEH, BRLALETOYSIUTETIL

OpenMP

— BRIT(TALITA D)@/ AT ST TFE(CN A 51

MTELHEOH, IGERSN TS
— BRRIGEEERE
T —AR{K7F M (data dependency)
— AERYADEZTAAESENERIZEE

— A FEZERT HIZIE, BEYET—2D:

I RBREHET 2

ZhHB

— ZDEOEXEIFOpenMPRIITDAEHRETHEELEWY £

FondlE&lERYGZL: ETHEEmEIKELY
Hybrid 517045535 ETIL
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Flat MPI vs. Hybrid
Flat-MPI:Each PE -> Independent




We are now In Post-Peta-Scale Era

GFLOPS

1000000000

100000000

10 PF 10000000

1PF 1000000
100 TF 100000

10000

== SLImM
#5000

1000

10

1

OQl+—v—7v 7 7 T 7 T T T T T T T T T T T T T T T T T T T T T T T T T T T T T T T
1993 1995 2000 2005 2010 2014

« PFLOPS: Peta (=10"°) Floating OPerations per Sec.
« Exa-FLOPS (=108) will be attained in 2020-




Key-Issues towards Appl./Algorithms

on Exa-Scale Systems
Jack Dongarra (ORNL/U. Tennessee) at SIAM/PP10

* Hybrid/Heterogeneous Architecture
— Multicore + GPU
— Multicore + Manycore (more intelligent)

Mixed Precision Computation

* Auto-Tuning/Self-Adapting

Fault Tolerant

Communication Reducing Algorithms



Heterogeneous Architecture by
(CPU+GPU) or (CPU+Manycore)

will be general in less than 5 years




CPU+Accelerator/Co-Processor
(GPU, Manycore)

« BWLWAEY—/N\URIE
« GPU

— JAYJ 33 1R1E . CUDA, OpenCL

- —#RDTF7 T r—arTlEERE [EHIFDM, BEM
« A=——17 (Manycores)

— Intel Many Integrated Core Architecture (MIC)
« GPUKYELV:EELVOS, aV/\(ShEZZ
— Intel Xeon Phi

Xeon Phi )




Hybridii 5|7 05 5220 €T ILIZWAZE

* Message Passing
— MPI

* Multi Threading
— OpenMP, CUDA, OpenCL, OpenACC

+ IRITHHYbrid¥iSITRY S22 7TV
NERINTUNVD
- {BL MPI+BEEF1E (/—FR)




A#wmD B Y

F’EBE17HE/£75\19;~F75\1’L%>E$ THZX R ELTZICCG
E1Z@EMELT, T—AELE, reorderingZi L, FlE
.3'i1TTn‘|'$:0)T_&)0)'\7)I/?377D7 =126 T
F BT ILTYXLIZDODNVTDES

» HICHEZROHDS=6HD, EX10FFALEEE

s B—D7T)/ir—3vic fF#ﬂ:LtW%‘fC%%h\ 2
RHEBEZ T EHRRIESTFITERREETHS

- RIFCOFERFENIRATHS

I IImII
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A#mD B (HE)

« H—7T)r—3y Jﬁﬂsut NETHHH, ER
MEEZ AIIRRELEFIERAEETHS
- RIFSDFEITE ’5’1~Lx)J%E’J’CZf>%>

» LW BHIIEFEEEE = 1&IEZVDSEBNRLS

« SMASH:[Science | =R METEIIHYSELY !

Algorithm

ooltware

Haraware




OMP-1

274 ILORAE on your PC

JE—, R
http://nkl.cc.u-tokyo.ac.jp/files/multicore-c.tar

http://nkl.cc.u-tokyo.ac.jp/files/multicore-f.tar

>$ cd <$CUR>

>$ tar xvf multicore-c.tar
>$ tar xvf multicore-f.tar

>$ cd multicore

UTFDT 4 LY F)HHETINS C & Z/EER
L1 L2

hoZLE <$P-L1>, <$P-L2>

Your PC FX10

11
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Al tR{t(Z(ZParaViewZz{E FH

http://www.paraview.orqg/

2)—Y2 k)7
WindowshR, Machih'& 5
UNIXiR® & Y

http://nkl.cc.u-tokyo.ac. jp/class/HowtouseParaView.pdf

12
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BHIWeb LIZEHYFET

http://nkl.cc.u-tokyo.ac. jp/seminars/2016-Spring/

13
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°* BER

— ARATEE
— BT R IEE
e ICCGEIZEABRTYUARBREYVILIN—IZDINT

- BT

« T—REE

— J0%455.L0OERER
- FHAE
o BREITN)ORER
. ICCG%

 OpenMP
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AimDEHEKY

» [BRIFIFEEDNENMNDERITIZXRELTZICCG

E 1M ELT-, T—2EE, reorderingZi &, Rl
Bt ED=O DT IILFaF7rIar3Io7126 0T
FELTILDYUXLIZDODNTODEE

» ARIAIRE
+ BR1TS
» ICCGI%

15
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XWRETBRBTI)r—a DIPE

XEARNX : ZRTRTVARER

2 2 2
8?+8f+§g+f=0
ox~ oy~ 0z

A

B ERE
- EERIROER, EFRFILTEHTER.
— BEEZE 9% (Direct Finite Difference Method) &4

5 BR{A &% (Finite Volume Method, FVM) [Z & A ZE[H]

LHEN D,

EREH

- T4)IL, KEISVIR
REZERIZKDEIL—RAERAEE
- #ZQEIE (CG) +ATNE
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ﬁ’ib\’CL\éFn'ﬂi‘r'_ «km:?l‘ﬁ’/z?’ﬂz‘t
T EXxHIDTER

™7V HIER

82 82 82

axZj ayZj az¢+fzo
BEREH —

-%E% —C“ﬁﬁﬁjﬁ‘y 7 A REZOKREITVIR

= dfloat(i+j+k) X EHE&KE

oZ:ZmaXﬁ’G(I):O (i.j.Kk)=XYz(icel,(1,2,3))

2

X




X FRBIELWN=RITTEDIEF
FIEFEERIZIRD

[l L L L
[l L L

Z
N
AN

) A N NI AN
[>
N

NX
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KEISVIRIONE 22,990,990
ox- oy~ oz

f = dfloat(i, + j, +K,)

i, = XYZ(icel,1), XYZ(icel, k) (k=1,2,3) 1%

. : XY, ZARDERBFDALTIIR
Jo=XYZ(ICeL.2), oy 2 hX Y. ZEROAERIS
ko = XYZ(icel ,3) HahERLTLS,

/[l /S /L
A /|
//
NZ b A7
! 7 —
| i - > NY AX

NX
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ARAFRE

Finite Volume Method (FVM)
HzEBT 57790 ADFREFIZEE

P E R EDILEL
S. :
Z d Ikd | (¢k _¢i)+ViQi =0

.+
k k k -
| | KEETSvH R

i ERIFR

 REEIR

i ERPIDAOREETOIER
KBTSV IA
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—RRTI AN PRES

(I)i—l (I)i (I)i+1

(dcﬁj _(dﬂ b= -4
i(%} _ X )ian \OXJin — AX  AX

dx \ dx AX - AX

_ .24+
AX*
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ARAFRE

Finite Volume Method (FVM)
HzEBT 57790 ADFREFIZEE

P E R EDILEL
S. :
Z d Ikd | (¢k _¢i)+ViQi =0

.+
k k k -
| | KEETSvH R

i ERIFR

 REEIR

i ERPIDAOREETOIER
KBTSV IA
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—RICEDEZEDLEE (1/3)

r IO ESAMDESHAY A

N FE AR S..= Ah
Q- @'_________'@__’_____Ib _______ bl__‘ g%ﬁ:*ﬁ Vi:Ahz
sl ! s, HEREE COBEM: d=2n2

B
COEZEIRAT HTTVIR:Qs,,
b — ¢ 7— T OEA

_d +d "Vib HZREYT H5TTVYIR
ib bi =—(RTovILEER)

Qs;, =
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—RITEDIHZEDLLE (2/3)

il IOESANDEFT A
. . AR 5. = Ah
Q- é“_________'@__’_____ib ________ bi__‘ giﬁgiﬁ Vi:AhZ
T s, HEREE COBEM: d=2n2
[B&:1
>S4, —)+V,Q, =0
- dik+dki K I [

Sik . N
2g g Wa)rQ=0

|
Vi |

CDHERITEBTHE
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«kx% FiE&ED LB (3/3)

r AOEEMDEEH A A
Y R e S.= Ah
Q- é“_________'@__’_____ib ________ bi__‘ giﬁgiﬁ Vi:Ahz
T s, HEREE COBEM: d=2n2
[BEX:1
1 S, oy | Ah
V_i;dik+dki (¢k ¢I)_(Ah) kZab Ah Ah (¢k ¢I)
2 2
1 Ah 1 1
~ 7 o, T A (4 - ¢i)—( AN 2 Z v A (g 1) = o 26-4)
2 2
_ | — ¢ 1 _4) P20+ 0, EHRIIZTDOUVTHIL
(ah} (4, —¢)+ ; (4 -¢) (ah] R
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=RFTTIL---

NEIBcell(icel,6)

NEIBcell(icel,4)

NEIBcell(icel,1) NEIBcell(icel,2)

NEIBcell(icel,3)

z y
Z NEIBcell(icel,5)

X

¢neib(ice|,1) o ¢ice| AyAz + ¢neib(ice|,2) o ¢icel
AX AX

AYAzZ +

¢neib(ice|,3) _ ¢ice| AZAX + ¢neib(icel,4) o ¢ice|

Ay Ay

¢neib(ice|,5) _ ¢ice| AXAy n ¢neib(ice|,6) o ¢ice|
Az Az

AZAX +

AXAY + f

icel

AXAYAz =0

26
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BB HEEIL—RAERN

¢neib(ice|,1) B ¢ice| AyAZ n ¢neib(icel,2) o ¢ice|
AX AX

AYAZ +

¢ L _¢. ¢ L _¢.
neib(icel,3) icel AZAX neib(icel,4) icel AZAX

Ay Ay
¢neib(ice|A,5) o ¢ice| AXAy n ¢neib(iceIA,6) o ¢icel AxAy 4 ficeIAXAyAZ =
7 Z

ZM(¢k - ¢ice| ): - ficeIVi

k dicel—k

|:Z jicel—k :|¢ice| 4 |:Z Sicel—k ¢k:| — ficelvi (icel _ 1, N)

icel—k K icel—k

xt I8 JEXI IR

27
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EDRBNIOR
 ER1T ]

ARER
FAamnZi

T O T T R T I T AR T S 1

L. L L L LW L LL
R )
 — -]

X X X 0O

X X X X 0O X

X X X O X

> A X

X IX X 0O X X
X1 X IX X 0O X X X X
X X X A X X X X
X X X X X
X X _®_D X< X
X X X <1 O |IX X X X
X X X X A X X X
xX X A X X
<X 0O X X
LL X 0O X =< |
[l
@)XDX > X
v O X > |
© (A £\
<) &/ &) ©)
(e)]] (Ze]] \3_
O O——06
A AN
00| | oN|
< =)\ oo\ /.
m1\ S ©) row
N <t |
N )\ P\
© (@D—0—@
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FVM®D % 1THHERTT S

HZ BRI DITVIADKREICEH
REDEREDABZRNHS

i EREDILE
S. :
Z d Ikd (¢k _¢i)+ViQi =0

- +0q..
k k k -
! | KBTSV R

i ERIFR

 REEIR

i ERPIDAOREETOIER
KBTSV IA




o AGL,j)DEKDICT
EMNEEIET A EITER

BRITH:0HYZ LY

1THITIZIEXN ZE R
— [& 1175 A 1+

3 PRIATRE  IEFIEXT

A

— BIZIXRINBMN10¥EHSHET HERERE (TR (&

« IEATTH:0(10)
« EFIEXARR

EAITHD

5. 0(1010)

D
X

X O X
X O X
O X
X O X X

X
X

X X X
xX X X
X X

x X

X O X xX X X

X X X

X O X xX X X

xX X X

x X

O X

X
X

x X

X O

X
X

X O X X X X

X X X

X X X

X
X

X O X

X
D

x

X X
X X

X
X

D
X

X X X

X
D
X

X X X

X
X

X
D X

e ;@ 66 H8 B8O pe0LE8E
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1D-Part1



1751
(FE%) 3Ed

NI ILFEEADEH
IS DA EREE, BRITHIE A

Compressed Row Storage (CRS)

Diag (i) XA/ (EH, i=1,N)

Index(i) FEXARHDEIC B 3— REd GELES)
(B, i=0,N)

Item(k) JEXRARTDERG)ES
(BH#, k=1, index(N))

AVMat(k) JEXAERSD
(E#, k=1, index(N))

{Y}= [A]l{X}]

do i=1, N
Y(i)=Diag(i)*X(i)
do k= Index (i-1)+1, Index(i)
Y(i)= Y(i) + Amat (k) *X (Item(k))
enddo
enddo

31
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THIRNIRILEA~DER
(3ER) IEXR AR DA Z BN, BRITHIRIITAIE
Compressed Row Storage (CRS)

{Q} =[A] {P}

for (i=0;i<N; i++) {
WIQl[i] = Diagl[i] * W[PI[i];
for (k=Index[i];k<Index[i+1];k++) {
} WIQI[i] += AMat[k]*W[P][Item[k]]:

1D-Part1
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TRV BITH=>ETHEE

all alZ a1,N—1 al,N ( Xl \ ( yl \
4 Ay N Gy X, Y,
9 b=< b
aN—l,l aN—l,Z aN—l,N—l aN—l,N XN Yna
_aN,l aN,Z aN,N—l aN,N i \XN ) L YN )
{Y}= [A] {X}
do j=1, N
Y(j)= 0.d0
do i=1, N o
Y()=Y(@) + AC, j)*X(i)
enddo

enddo

1D-Part1



T2K-FVM-01

Compressed Row Storage (CRS)

1.1
4.3
0
0
3.1

I_
o o O

3.6
0
4.1
9.5
0
6.4
9.5

0
5.7
0
10.4
6.5
2.5
1.3

2.5
0
9.8
0
0
0
9.6

0
1.5
2.5
11.5
0
0
0

3.7 0 9.1
0 3.1 0
277 0 0
0 4.3 0
124 9.5 0
1.4 23.1 13.1
3.1 0

51.3

34
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Compressed Row Storage (CRS)
0000060000
11| 24 3.2

0 . . . NODE_tot= 8
® | @ ®
e 4.3 | 3.6 2.5 3.7 9.1 xt A 5
® | @ ® D(1)= 1.1
5.7 1.5 3.1 D(2)= 3.6
(3 ) 3 6 @ D(3)= 5.7
o |4 [Ezx% 55 115
3195 104 1.5 4.3 D(6)= 12.4
O % s 5 5 D(7)= 23.1
D(8)= 51.3
0o 6.5 12.4] 9.5
S ® | @
o 6.4 | 2.5 1.4 |23.1[13.1
@ | ® | @
o 95|13 | 9.6 3.1 51.3
@ Q| @ ®
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T2K-FVM-01

Compressed Row Storage (CRS)

@ @
50 2026
O |8O MCI@
s0 2056
~® a®
S0 302026
NS 320 |32
20 5O
CO205020-0N0 306
©




T2K-FVM-01

Compressed Row Storage (CRS)

IExt A
A5 8
(1) 1.1 | 2.4 | 3.2 5
® @ ®
(2 3643|2537 |91 ,
@ ® @ ®|®
03 57 | 1.5 | 3.1 )
@ ® | @
@ 938 41|25 27 3
@] 2@ |® | ®
o 11.5/ 3.1 | 9.5 104/ 43 |
® | ® 2|
6 12.4| 6.5 | 9.5 5
® | @ @
(7 231/ 6.4 | 25 | 1.4 (131 ,
@ @3
© |33 95|13 ]96 /31
®| @/9®|®]|®

index(0)= O
index(1)= 2
index(2)= 6
index(3)= 8
index(4)= 11
index(5)= 15
index(6)= 17
index(7)= 21

index(8)= 25

index(i-1)+1~index(i)FEB A i1TE DIEXH AR S

NPLU= 25
(=index(N))
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Compressed Row Storage (CRS)

IExI A
53
‘ﬂ' 11 | 2.4 | 3.2 5
® @21]6,2
<¢§D 3643|2537 |91 ,
@ D,3|@,4/06,5|®,6
e . . 2
(4] 3
‘E’ 11.5/ 3.1 /9.5 104/ 43 |
® (D,122,13(3,14(9),15
‘E’ 12.4| 6.5 | 9.5 5
® [3,16(D,17
‘E' 231/ 6.4 | 25| 1.4 (131 ,
@ [2,18(3,19/6),20/®),21
':' 51.3/ 9.5 /1.3 |96 |31 | ,
2),22/3),23/@,24®),25

index(0)= O
index(1)= 2
index(2)= 6

Index(3)= 8

Index(4)= 11

index(5)= 15
index(6)= 17
index(7)= 21

Index(8)= 25

index(i-1)+1~index(i)FEB A i1TE DIEXH AR S

NPLU= 25
(=index(N))
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Compressed Row Storage (CRS)

112432
@D [@,1]6),2
36| 43]25[37]9.1 Bl

@ D,3|@,4/®,5/®,6 item( 7)= 5, AVAT( 7)= 1.5

57 11.5] 3.1 item(19)= 3, AMAT(19)= 2.5
@ 16,71@,8

9.8 | 41 | 25 | 2.7
2,9 ®,10(®,11
1.5 3.1 | 9.5 (104 43
® D,12(2,13(,14(@D,15
12.4| 6.5 | 9.5
® |3,16(D,17
231 6.4 1.4 [13.1
@ 2,18(3,19(6,20(®),21
51.3/ 95|13 | 9.6 | 31
2,22(3,23(®,24(6),25

00000000
®




T2K-FVM-01

Compressed Row Storage (CRS)

SEN

2.4
@1

3.2
®,2

O

4.3
O

2.5
@,4

3.7
®.5

9.1
®,6

@

1.5
®,7

3.1
@8

@&9

4.1
2,9

2.5
®,10

2.7
®,11

3.1
®,12

9.5
2,13

10.4
3,14

4.3

@,15

@i@-

6.5
3,16

9.5
@D,17

N
w
Qe

6.4
2,18

2.5
3,19

1.4
®,20

13.1
®,21

o
_—
®'w

9.5
2,22

1.3
3,23

9.6
@),24

3.1
®,25

D (i) XA (EH, i=1,N)
index(i) ARSI EH— RS
GELES) (BH, i=0,N)
item(k) FEXRARSTDERGI)ES
(B#, k=1, index(N))
AVAT(kK) FEXTARLS
(E#, k=1, index(N))

(Y}= [A] {X}

do i=1, N
Y(i)=DC(i)*X(i)
do k= index(i-1)+1, index (i)
Y(i)= Y(i) + AMAT (K)*#X Citem(k))
enddo
enddo

40



BR1T : IEF R 57 D AHELIE
SAEYADEEX
(memory bound) : H#ES R
(£45, FEM, FVM)

(Y}= [A]{X]

do i=1, N
Y(i)=D(i)*X(i)
do k= index(i-1)+1, index(i)

kk= item (k)
Y(i)= YC(i) + AMAT (k) *X (kk)
enddo

enddo



FHIRIMVE B> ETHEE

a’ll

a21

aN—l,l
aN,l

AEY~ADOEBH/NPILN

a,, T R
dy, A N1
An_12 AN _1 N1
Ay, e Ay
{Y}= [A] {X}
do j=1, N
Y(j)= 0.do
doi=1, N

Y()=Y(@) + AG, j)*X(i)

enddo
enddo

A N

A, N

ce 9

CINIERY

Ay |

-

Y,

Ya

Yn-1

L Yn

2
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 OpenMP




ElEREMNETEIZCBITS
KRR AR DAL

LMTET R L, SRMICKRRREEARER

5 DRE:

Ax=bZE{Z&ITIRBE NS,

— Important, expensive

44

TV r—avIZiCTHRARGFENMRESIN TS
— BE{T5 (sparse), 175 (dense)

— BE#&E (direct), 187 (iterative)

2175 (dense)

— ' 0—/\)LEEEER BEM, AXRHK)LiE, MO, MD (&%)

ER1T%5 (sparse)
— O—AJLEHEEER :FEM, FDM, MD (&), 1R %E

BEM

5 18 R Bl 1+



E % (Direct Method)

e GaussMEEE, EELUL R
— HITHIA ' EE KD S

« Fl=
- RE, BIEWTF ) r—av (B AR EE
 Partial Pivoting
— BRITHI, ZATHIWT nIZHE A AT EE
¢ R
- REBEZELYLATEY, S1EFHZRELT S
- BITFIOBE, ON?) DFHEE
- RERGETRERITTIEAZL
« ON2)DEEER=E, OIN})DETE=

45



REEEF - - -

Linear Equations

EIT—RAER

Initial Solution
PRz

\
a,; Qa, a, | X ) bl XI(O)
Ay Ay By, || X, b, x.. (O
. . o o . — : X(O) = 2.
0
a,, a,, - a, \Xn ) \bn ) Xn( :
A X b

L EAEE xOMSIRO T, #YRLETEICEK>TEDEEIC
IR (converge)=t TL YK

(1) (2)

X ,X ,...



2 18:% (Iterative Method)

« TEE (stationary) %
— RIEFTED, BRIMLUNDE#RITIEIEET
— SOR, Gauss-Seidel, Jacobi%i&
- BILGEL

AX =b =
x ) = Mx ™ + Nb

- JEEF (nonstationary) ;%
— 3R, REIEEHENNHS
— Krylov&R 53 22fd] (subspace) ~NDERZEKELTHERT H7-
o, KrylovEln ZEREEBEIIN S
— CG(Conjugate Gradient: #£ & G &%)
— BiICGSTAB (Bi-Conjugate Gradient Stabilized)
— GMRES (Generalized Minimal Residual)

47
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R 18:% (Iterative Method) (=)

o Flr2
— BEREEELERLT, ARUYEREZ, STEEHDALN,
— WHFHEIZIEZELTLNS,

¢« R
— IERMED, TIVr—ay, BREGEDODEZEEZ(THOTLY,
— BIIALEE (preconditioning) hE &,




Solver-lterative

L= =K N
FEERREE:V)OTEBHZERE(1/2)
Krylov Subspace Method

Ax:b:>X:b+(I—A)X
UTDOREXZEALX), X, Xy, ..., X, ZKDB:
X, :b+(I—A)xk_1
= (b_AXk—1)+Xk—1
=r_, +X_, wherer, =b— Ax, : FEZEAJKJL (residual)

'

k—1
X, =X, + DI,
1=0

r, =b-Ax, =b— A(rk_1 + Xk_l)
= (b - AX, )_ Ar,, =1, —Arn_ = (I — A)rk—l

49



Solver-lterative

EEFEREE:2)OTEH2E/ME (2/2)
Krylov Subspace Method

k—1 k—

2 k-1 :
X =X, + ) L =X,+r,+ > ([-A), =x,+r,+ > (I-A)T,
=0 =0 i=1

7 =1, + S\ (1-A)r, :{n (I_A)i}o

=1

'

z, (TR D7) O 78R Z2fE (Krylov Subspace) IZE T H2RNTkIL,
BRIV A7E S ZERNASEDIIITLTHROEBMRNIFLx, F
K&HBEMZH5:
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REMLIEE SRS G DR

 Conjugate Gradienti%, BRLTICGli%
- RURARVCGIEERE IREE

« XFRIEFEMEFTHI (Symmetric Positive Definite: SPD)
— FEEDARIRILXIITF LT TIA]{X}>0
- £XARS>0, £2EHE>0, 25 1THIK (E/NTHIK-

B E1THI) >0&REHE e iaia A

e 7ILOYX L By 8y e, 8, o8,
= 2\ f& T ;% (Steepest Descent Method) g |2 22 as i@ - &
Y
— x= x(-1) + aip(i) _a.m a;z a;w a;m a;m_

. x0: REER, pO IERAMA, o EH)
— BB EYET BEE XVTAIX- N ERINET B LS (X E
KD B,
— HMIIXSEXESER
o 71 ZIERBUBERT (F28R) | (F£ITHER)




Solver-lterative

HZDEE (CGE)DTILTYX L

Compute r®= b-[A]x©®

for i= 1, 2, . ° ’?ﬁ’ﬁl’\gl‘)lx$§

. = r@-1 G- o

pﬁli:ri ' « N ‘)[/p;ﬁﬁ
D= O R sl oo

ee « RYMILEZZ DM
Bi-1= Pi-1/Pi2 (DAXPY)
p(l): ra-1 4+ Bi—l p(i—l)

endif

qO= [A]p®

o; = pi-1/Pg

XM= xG-D + g.p

rd= rG-0 - o.q®

check convergence |r]| w (1)

- Vector
a; - Scalar

D
)
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HZDEE (CGE)DTILTYX L

Compute r®= b-[A]Ix©®

for i= 1, 2, . o ITHINTRILIE
pi = rG-D pG-1
if i=1
p(l): r©
else

Bi-1= Pi-1/Pi-2 ]
pM= rG-1) 4+ Bi_1 p-1
endif
gO= [A]p®
a; = py1/POD
x(D= x(-D 4 g .p®
r= G- - ¢ q®d

check convergence |r]| x() - Vector
a; - Scalar

D
)



Solver-Iterative

HZDEE (CGE)DTILTYX L

Compute r®= b-TAIx©®
for 1=1, 2, .

= pG-D -1 R

Pi.1_:1i:1 « XYUKMILNFE
- pW= r©

else

Pi-1= Pi-_1/Pi-2 ]
pM= rG-1) 4+ Bi_1 p-1

qO= [A]pD®

a; = pi/PIg®
XM= xG-D + . pd
rO= rG-0 _ g q®

check convergence |r| x() - Vector
a; - Scalar

D
)



Solver-lterative

HZDEE (CGE)DTILTYX L

Compute r®= b-[A]x©®
for 1= 1, 2, .
pi= r@-n pG-n

if i=1

i;le): r . &7'\)[/1??’3‘&1%0)7]“5@
Bi("i pi(__l_{)pi_z s (DAXPY)

en_gif— reD 4 Bia p — Double

qd= [A]pM — {y}= a{x} + {y}

o; = pi-1/PMg

x(= xG-D + g:p(D

rH= rG-0 - g qMd

check convergence |r]| w (1)

> Vector
a; - Scalar

D
)
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Solver-lterative

HZDEE (CGE)DTILTYX L

Compute r®= p-[A]x©® -
for i= 1, 2, .. x(D : Vector
Pig™ MO0 raod o; - Scalar
if i=1
pW= r©
else

Bi-1= Pi-1/Pi-2 ]
pM= rG-1) 4+ Bi_1 p-1

q®O= [A]p®

a; = pi—llp(i)q(i)

XM= x(G-1D + g.plD
rv= rG-1 _ Otiq(i)
check convergence |r]|

D
)
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CGETZILTYXLDEH(1/5)
Vo Z R (Ay=b )T 5LEE, THEwm/NMNIT5xEKDHS:
(x=y)' [Alx=y)

(x—y) [Alx=y)=(x, Ax)=(y, Ax)—(x, Ay )+(y, Ay) »
= (x, AX)—2(x, Ay)+(y, Ay) = (x, AX)-2(x,b)+ (y,b) TEHK

EHOT, TEE f(X) THw/MIFT BxEROHINIL KLY

f(x):%(x, AX)—(x,b)

f(x+h)= f(x)+(h,Ax—b)+%(h,Ah) FEBEDAIRL h



f(x):%(x, AX)~(x,b)

f(x+h)= f(x)+(h,Ax—b)+%(h,Ah) EEDATKILh

f(x+h):%(x+h,A(x+h))—(x+h,b)

(h.b)

b)-
:%(X,Ax)Jr%(h,Ax) ;(x Ah)+ %(h Ah)=(x,b)—(h,b)
:%(x,Ax)—(x,b)+(h,Ax)—(h,b)+

_ f(x)+(h,Ax—b)+%(h,Ah)

:%(x+h,AX)+%(x+h,Ah) (

E(h, Ah)

58



Solver-lterative

CGETZIINAUXLDEH(2/5)

CGEIFEED xO Mg dh T, f()DEHR/IMEZBERIERT 5,

S, kBEHDELUHE xOERR G RpOARESF=ETHE:

XD = x4 g p®

f(xk*D) Z & /MNZF HT=HIZIE:
f(x(lo ta, p(k))_l (p(k) Ap(k)) ak(p(k),b— Ax(")) +f(x(k))

2
(X(k) +a p® 0% b— Ax® 0,
aak P ) O:>Olk ( (p(k), Ap(k)) ): (E)(k)’ Ap(g

] (1)

(9 =b- AxY [FEBKELIZR T DI

59



Solver-lterative 60

CGE7 LT X LMDEH(3/5)

BREIWEHELUTOXICK>TEIETES:
r.(k+1) _ r.(k) p Ap(k) Q) p (D :b_AX(kJrl), r® —p— Ax®
K r(k+1) . r(k) _ Ax(k+1) _ Ax(k) =a, Ap(k)
RREARZUTOHIERICEOTRDS:
p®) =D 4 g p® O = p© (3)

RKYDECAITTERDOEISIZ(k+1) BB ICERZSE y ARENIE
BL\OTHD N, @rhHhh->TWVEWEEITEEE:- - -

(k+1)

_ (k+D)
y =X + ak+1 p



Solver-lterative

CGET7ILTY R LD EH (4/5)

ECAT, TROKLOIGEHEDRVNEREFZRNHS:
(Ap("), y— x(k“)): 0

e

Ap® y—x(k“)): (p(k), Ay - Ax“‘”))z (p(k),b— Ax(k“))
(p(k),b _ A[x(") ta, p(k)D: (p("),b A0 g Ap("))
(p(k), ro g, Ap(k)): (p("), r(k))—ak (p(k), Ap(k)): 0

(p(k),r(k))
O = (p(k),Ap(k))

REOTLUTHRILT S
(Ap(k), y— x(k“)): (Ap(k),akﬂ p("“)): 0— (p<k+l>, Ap(")): 0

61



Solver-lterative 62

CGE7 LT X LDEH(5/5)

(p(k“),Ap(k)): (r(k+1) s p(k),Ap(k)): (r(k“),Ap(k))+ ,Bk(p(k),Ap(k)):O

. r(k+1)’Ap(k)
= B = ((p("),Ap(k))) (4)

(p(k“),Ap(k))= 0 p® & pk+d) AFTHIAIZRIL T 4% (conjugate)

Compute p@O=r®= p-[A]x® (1) (ic])
calc. o;_, i-1 (p(i—l) Ap(i—l))

x(D= x(-1) 4 ai_lp(i—l)
rO= rG-0 — o.  [A]pG-D _ _
) —(r('), Ap("”)
check convergence |r]| ﬂi—l _( (i-1) A (i—l))
(1T not converged) P » AP

calc. B;_;
p(l): ra + Bi_q p(l-l)

D
-
o



Solver-lterative 63

CGE7ILIYX L
FEED)IZHLTUTOEZEFRNFONS:
(p(‘),Ap“))zo(i B j)

ERARPD , BEANIRLOIZDWTEUTOBEMNKILITS:
(r(‘),r”))zo(i + j), (p‘k),r(k))z(r(k),r‘k))

NRFETZEBTEWIERXR T—REILGZREANTHL r® [INEL D

FELLGL, o THEQDEEITIRAOBMANE D EZITNEILIAIC
INEKRT D = ERIIINDEREDEZENH D (FHHMNAKRENIEE)

Top 10 Algorithms in the 20t Century (SIAM)
http://www.siam.org/news/news.php?id=637

EUTAIAE, DUTLYIRE, JUDTE R ZEREE, 1TH 5 fRiE,
maE{tFortrana /135, QRi%, 24y —F, FFT,
BHEZR7ILIVX L, FMM(BE S EikE)




PrOOf (1/3) (I’(i),l’(j))=O(i¢ J)
Mathematical Induction O Ap)=0 i = i
o O (p".A0)=00 1)

B (p(k),r(k))
(1) a, = (p(k), Ap(k))
(2)  r&D =r® g Ap®

(k+l) _ (kD) K) (0) _ (0
(3) p U =rrHLp I =p

—(r®, Ap®
(4) B, = ((p(k),Ap(k)))




Solver-lterative

Proof (2/3) (r(” r(”) 0 (i =
Mathematical Induction (p®, Ap)=0(
BRI
(%) is satisfied for 1<k, j <k where i # |
if i <k (r(k”),r(”):(r“),r(k”))@(r(” ro _ Ap(“)
(i)—ak(r(”,Ap("))() o ( O _p ptD Ap("))
__ (pm Ap(k))+ akﬂi—l( (i- ”,Ap(k))(—)()

2)
if i =k (r<k+1> r(k))( (00 p® (r(“ o Ap(k))

v, r®0)-

3) (r(k),r(k)) ( ©_ g pkh g Ap(k))
(r.r)-a
(

j)

i#j) (*)

e - (p®,r®) (*)r(k) r (0 ( (k) Ap(k))(_)(r(k),r(k)) (p(k),r(k))
(o A0™) G0 (k=) | (k) (k)

(2) r*D = r0 _ g Ap® r,r ) (,Bk_l +rr )

(3) pk =y g p® . _ﬂk_l( (k— 1), r(k))(_g)_ﬁk_l(p(k—l), r(k—l) —a,_, Ap(k—l))
= Ap®) k— k— k— k-1) (1)

@) B =m0 :_ng_l{(p( D p( 1))_ak_1(p( b Ap' 1))}20




Solver-lterative

66

PrOOf (3/3) (r(”,r(”):o(i

)
: : i | (%)
Mathemitlcaglllmfluctlon (p®, Ap@)=0(i = j)
P RIEIRIE
(*) is satisfied for 1<Kk, j <k where i # ]
+ i 3 + i
K (p(k ”,Ap“)(z)(r(k 1)+,ka(k),AIO()) ( )

% N : (k),r(k)
XN, ap®) (e = (57 pg)
(E)L k1) () o (i+D) ) _ (2) r*D =r® _g Ap®
— ak (r . r r )— O (3) p(k+1) _ r(k+1)+ﬂk p(k)

—(I’(k+l), Ap(k))
(p(lo’ Ap(k))

(4) B =

[
~

i (p(k+1), Ap(k))(g)(r(kﬂ), Apm)Jr ﬁk(p(k)a Ap(k))

@)




Solver-lterative

(r(k“), r(k)): 0
(r("“), r(k)):)(r(k), () )_ (r(k),ak Ap(k))
(=)(r(k), r(k))— (p<k> _ B p*Va Ap(k))
(%‘ (r(k), r(k))_ a, (p(k), Ap® )Q)(r(lo, r(k))_ (p(k), r(k)): 0

—

s (k))_( (k) (k)) ~ (p%,r®)
2 (r®,r®)=(p®,r ()&% =[5 7]

(2) r(k'H) — r(k) _ak Ap(k)

(3) p(k+1) — r(k+1) +ﬂk p(k)

—(r(k“), Ap("))
(p(k), Ap("))

(4) b =

67



Solver-Iterative 68

o, P

LR L, BIFEOEEOEMBELGHRICERTES:

0% b— Ax(k)) (p(k),r(k)) (r("),r(k))

L

(p(k), Ap(")) - (p“‘), Ap(k))z (p(k), Ap(k))
(p(k), r(k))= (r(k), r(k))




Solver-lterative

HZDEE (CGE)DTILTYX L

Compute r®= p-[A]x©® -
for i= 1, 2, . x( - Vector
pig= M7 e a: - Scalar
if i=1
pMW= r©
else _ _
(i-1) L (i-1) _
R
pth= rit=2) + B; , pt” - (i-2) (i-2) _ A
endif (r 11 ) ( /2—2)

q(i): [A]p(i) . .
ai — pi_llp(i)q(i) 0 - (r(l 1), r(l 1))
x(M= x(-1) 4 Ot-p(i) i — (i) )

rM= rG-1) _ a;qﬁ) (p 9A¢) )

check convergence |r]|

G:/%A)

D
)
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70

gL (preconditioning) &(3?
S ED 2K TF

Jiﬁ,fd)uzﬁlat%;& TSI DE
BFES DS, MDTEL

/1

— Z&14%# (condition number) (I F#H 1T

C EAHAUSEVFEREL LT L
. %td)ﬁ%‘;& THI[A]IZ BT ATALR:

/1

HiES

FTE) =i AN/

T

=]

— HIJ&LLIEiﬁﬁIJ [MIICE>TID AKX [AI O G={b}%
[A1{3={b’ I~NEEH#TH, CCTIAT]=[MI[A].

{b”}=[M]1-{b} THS-

FEUERA R (BELLITHI)

RIELL

BITHI[M]Z @RS
halET D,

— [A1=[M] A1 ERGLAT RIS R T IE R WL EWLS &S,
— [AT=[A]IM] 2D S IZEMLNMTEIEEH D,

B, BRY ﬁleﬂbl FEARTRH, &

IO

. FHIJL

BFELT

THZERRICTHIENS

& | L BR



OMP-1

R {12 W EC &
Preconditioned Conjugate Gradient Method (PCG)

Compute r(O): b_[A]X(O) [M]: [M]_] [MZ]

for ¥=1. 2. .. : [A”]x’=b"

solve [V1z( D= rC™  [A-]=[W,]*[ATDN,]
il x"=[M,1x, b*=[M,]1b

6?;1;: 2 p’=>[M,]p, r’=>[M]'r

o S, pan PTOS TY Ba P

= i-1

ZZ%C[A]IOG) [MIp= [M]-1rC-D + g~ [M]p¢t-D
I P p= [M,]L[M] G + B, pl-D
xM= x0-1) + o,p®> p(O= [M]rG-D + g, pG-D

r= rG-10 - g.q®
check convergence |r]|
B™i-i= (IM]rC-D rG-D3/
(IM] “1p(i-2) r(i-2))
0”5 = ([M]tra-D,rG-D)/
( pUD,[Alp¢-D)

D
-



OMP-1 72

HITALEER {21 WX

Preconditioned Conjugate Gradient Method (PCG)

Compute r®= b-[A]x©® e _ szt |
for i= 1, 2, . ERICOLHREZFTHET:

solve [M]z(-D= G-

pi = r- zG-D {z} = [I\/I ]_1 {r}

if 1=1

i;le)lj = ELLEITH IDETENDE
o= 260y pan M =[A], [M]=[A]

Ul _

?:)Z gi]l%?nqm_ RABDHILIE : KD $1T5

Kon M =[A]", [M]=[A]

check convergence |r]|

SAART—)7 FE=5

M["=[D]", [M]=[D]

D
-
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XRRT—1)2, AvaERLE

» FILEITIIELT, HEDITIIDR AT DAHZEY H
L7=175Z2RI0LEITH [M] £T B,

inm

— AR —1)5, Bmal (point-Jacobi) Bij AL
D, 0 .. 0 0
0 D, 0 0
M]=] ...
0 0 D,, O
0 0 0 Dy |

e solve [M]zG-D= r(-DENWSFEITHITHIZRGHE
[ZROBZENTES,
o ELGEETIIIRES S,




OMP-1

» EROIE

SN TULDHRETALE (BR1T5I )

ILU(0), I1C(0)

— AEELUSHE
* Incomplete LU Factorization
— FELALAF—1E
« Incomplete Cholesky Factorization (3t #:4751])

» FREEHFEEE
- LEDFTHIHBETS, BATHSBREIZROALN,

— fill-in

— HEDTHERICIELEO/NE—2 (fill-inFEL ) Z3HF-TLVS
M HMLU(0), 1C(0)

74



LUDERA © STELUDERE :

EEED—iF
WITHZEZE KO SHFE

FETHIICHEETHLDZERELTEITLSDT, A
UMNEDL-ESITHAERBZERNTES

1T 52K & BFRIZFill-in (£EDITHITILOTH 1=
ECAIZIENAD)DELS

e LU factorization

OMP-1

75



A TELUDBREA

e |LU factorization
Incomplete LU factorization

e Fill-ind)F A4

FELGHETH, PLBVERE

=2 HIBRL T, mifdl:

E

Ik

A

Fill-inZ F &AL EE : 1LU(0)

OMP-1

ik




LUDERIC K@ —RTIFZETV .
DL

N

ADn X nfTHIDEZ . AZRADIIIZKRT &%
(BHAWNIE. ZFDEHLGLEUZTDEDZT)ADLUDEEELYD.

ap a, a; e Ay 1 0 0 - 0 Uy, U, Uj; e Uy

A, a,, dy,; oo Ay |21 1 0 - 0 0 Uy, Uy - Uy,

as, as, ds; v Ay, |5 |31 |32 1 - 0 0 0 Us; - U,
1A, A, . 1IN O 0 0 u

© o Ap In2 In3

L :Lower triangular part of matrix A
U: Upper triangular part of matrix A

OMP-1

77



17— R RDITHIRIS

nTTDEIL—RGEXD—HEH

a X +a,X,+---+a, X =Db

In“*n

a, X +a,X, +--+a,, X =b,

a X +a,X +--+a X =b

TR R i 1
/au a, Ay ) X b1
Ay, dy, Ay, X, bz A
: : —| & AX = b
d,, Ay, Ay \Xn ) bn )

A X b

OMP-1



LUDERZ RV CAX=bDERE

1 A = LU &H53A0LURRBLEUERD S,

2 Ly — b DfEyEROD. (1)

3 UX =y  OfxcERDHS. ()

—oxnt AX = b 0fEEES

'~ Ax =LUx =Ly =b

OMP-1




Ly=bDfEx © BIEMNA -

.
Ly p— b > 1 0 0 Yi (b1\
B L 0y, _ b,
Inl In2 1) yn) bn)
y, =D
Yi =0
—b, — |
Ly, +Y, =b, <4m) ;y2 S
: n-I
|n1y1+|n2y2+”'+yn:bn yn:bn_lnlyl_lnzyZ:bn_zlniyi
i=1

FEDABIKIZ (one after another) fED K ES.

OMP-1

80



Ux=yDfEE - B ERVA :

UX — y -—) U, Uy U | % /y1\
0 Uy o0 Uy || X, _ Y,
. 0 0O - u, )X Yo )

' X, =Y,/ /U,

unnxn — yn
. Xn—l — (yn—l o un—l,nxn)/un—l,n—l
un—l,n—lxn—l + un l,an yn—l .
=)
n
Up Xy FURp X, +o-+ U X =Y X; = Y1_Zu1jxj /Uy,
i=2

FEDABIKIZ (one after another) fED K ES.

OMP-1

81



21 a‘22

31 a32

an2

@O ==

13 n ‘ 1
a,; 8y, |21
ds;; 0 Az | F |31
an3 ann In1

a, =Up;,a, =Uyp,

0 O O\u, u,
1 0 O 0 u,
l,, 0O O 0
l, 1. 1)\ 0 0

a

>~ 1n

=Up = U Up e

U,

n

@ ‘ d, = |21u119a31 — I31u11,---,an1 — |n1U11 = |21a|31>"'>|n1

‘ ad,, = |21u12 T Uy, a8, = |21u1n T Uy, = Uy, Uy, ,Uy,

=

a32 — |31u12 + |32u229'” = |32»|429'”a|n2

OMP-1

82



sigh

1 3 4 1 0 0 O)u, u, u, u,
A - 2 6 7 10 _ ,, 1 0 O 0 wu, U, U,
2 2 8 7 ,, I, 1 O 0 0 u, U,
0 -4 7 l,, 1, 1, 1)LO0 0 0 u,

F117T wm 1=U,,2=U,,3=U;,4=U,
%15 = 2= u, =1, =2/u,=2, 2=Lu,=1l,=2/u, =2
O=Il,u,=1,=0/u,=0
217 "™ 6=1,U,+U,, >Uy, =2, 7=lL,U,+U,, = U, =1
10=1,u, +u,, =>u,, =2
F25 wmp 2=l u, +l,u, =1, =-1, -4=1Lu,+l,u, =1, =-2

OMP-1 83



LEKI(IRS)

1 3 4 1 0 0 Oj)u, u, U,
A - 2 6 7 10 |, 1 0 0f 0 wu, uy
2 2 8 7 ,, I, 1 0 0 0 |uy,
0 -4 7 l,, I, I, 1)Lo 0 0

E31T mp 3= |31u13 + |32u23 +U;; = Uy = 3,
T = |31u14 + |32u24 +U;, = Uy, =1

3% w 7=1,u, +1,uUy, +Iu, =>u, =3

%4'??(%45”)~ 1= |41u14 + I42u24 + I43u34 +Uy = Uy =2

—_
AN

[\
~

Cc C C C
N ()
IN N

147, 15, 2947. 25, - » “DIEIZKRHBRZEE-TLNK.

OMP-1



=Y

=+

E

Y

SN ENG

*
ZZ

wh =

2 3 4

1

2
1
0O 0 0 2

1

0

0

1 0 0|0 2
-1 1
-2 3

2

0Ofjo 0 3

1

0

10

1

0 -4 7

=

-

85
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OMP-1

10

11

12

10—19—2
O—06—©
@—06E—®
O—2—®

86



OMP-1

10

11

12
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OMP-1

¢’ 6.00
~1.00
0.00
~1.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

\{ 0.00

-1.00
6.00
-1.00
0.00
-1.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

EXVRRER - i A RT3

000 -100 0.00 000 0.00 0.00
-100 000 -100 0.0 000 0.00
6.00 000 000 -1.00 0.00 0.00
000 6.00 -1.00 000 -100 0.00
000 -100 6.00 -1.00 0.00 -1.00
-100 000 -100 6.00 000 0.00
000 -100 000 000 6.00 -1.00
000 000 -1.00 000 -100 6.00
000 000 0.00 -100 0.00 -1.00
000 000 0.00 000 -100 0.00
000 000 000 000 0.00 -1.00
000 000 000 000 0.00 0.00
1
3
5
7
9
10
11
12

000 000 000 000 N ¢
000 000 000 000
000 000 000 000
000 000 000 000
000 000 000 000
~100 000 000 000
000 -100 000 000
~100 000 -100 000
600 000 000 -100
000 600 -100 000
000 -100 600 -100
~100 000 -100 600 / \
»\ (a) (¢
O—@—©
O\ 1\ (¢
@—06E——~F®

N

7 000

3.00
10.00
11.00
10.00
19.00
20.00
16.00
28.00
42.00
36.00

\\ 52.00

N\
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¢’ 6.00
~1.00
0.00
~1.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

\{ 0.00

-1.00
6.00
-1.00
0.00
-1.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

=451 : 7

000 -100 0.00 000 0.00 0.00
-100 000 -100 0.00 000 0.00
6.00 000 000 -1.00 0.00 0.00
000 6.00 -1.00 000 -1.00 0.00
000 -100 6.00 -1.00 0.00 -1.00
-100 000 -100 6.00 000 0.00
000 -100 0.00 000 6.00 -1.00
000 000 -1.00 000 -100 6.00
000 000 0.00 -100 0.00 -1.00
000 000 0.00 000 -100 0.00
000 000 000 000 0.00 -1.00
000 000 000 000 000 0.00
1
3
5
7
9
10
11
12

000 000 000 000 N ¢ 100
000 000 000 000 2.00
000 000 000 000 3.00
000 000 000 000 4.00
000 000 000 000 5.00
~100 000 000 0.00 6.00
000 -100 000 0.0 7.00
100 000 -1.00 0.0 8.00
600 000 000 —-1.00 9.00
000 600 -100 0.00 10.00
000 -1.00 600 —-1.00 11.00
~100 000 -100 600 / N\ 1200/
\ (o) (c )
@ 8) 9
A () (¢ >
@—05——6
O—2—0)

7 000"

3.00
10.00
11.00
10.00
19.00
20.00
16.00
28.00
42.00
36.00

\\ 52.00

N\
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SEELUSBELI=<R) IR

HLEDTR)HR

LU L=< RO R
[LI[V]BEIBE 2R R

LIt & R (=1) BB
(fill-inNEL TS, £
EH L0 = A IE
F0AIZHE->TULNS)

d 6.00

-1.00
0.00
-1.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

N\, 0.00

7" 600
-0.17
0.00
-0.17
0.00
0.00
0.00
0.00
0.00
0.00
0.00

N\, 0.00

-1.00
6.00
-1.00
0.00
-1.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

-1.00
5.83
-0.17
-0.03
-0.17
0.00
0.00
0.00
0.00
0.00
0.00
0.00

0.00
-1.00
6.00
0.00
0.00
-1.00
0.00
0.00
0.00
0.00
0.00
0.00

0.00
-1.00
5.83
0.00
-0.03
-0.17
0.00
0.00
0.00
0.00
0.00
0.00

-1.00
0.00
0.00
6.00

-1.00
0.00

-1.00
0.00
0.00
0.00
0.00
0.00

-1.00
-0.17
-0.03
5.83
-0.18
0.00
-0.17
0.00
0.00
0.00
0.00
0.00

0.00
-1.00
0.00
-1.00
6.00
-1.00
0.00
-1.00
0.00
0.00
0.00
0.00

0.00
-1.00
-0.17
-1.03

5.64
-0.18
-0.03
-0.18

0.00

0.00

0.00

0.00

0.00
0.00
-1.00
0.00
-1.00
6.00
0.00
0.00
-1.00
0.00
0.00
0.00

0.00
0.00
-1.00
0.00
-1.03
5.64
-0.01
-0.03
-0.18
0.00
0.00
0.00

0.00
0.00
0.00
-1.00
0.00
0.00
6.00
-1.00
0.00
-1.00
0.00
0.00

0.00
0.00
0.00
-1.00
-0.18
-0.03
5.82
-0.18
0.00
-0.17
0.00
0.00

0.00
0.00
0.00
0.00
-1.00
0.00
-1.00
6.00
-1.00
0.00
-1.00
0.00

0.00
0.00
0.00
0.00
-1.00
-0.18
-1.03
5.63
-0.18
-0.03
-0.18
0.00

0.00
0.00
0.00
0.00
0.00
-1.00
0.00
-1.00
6.00
0.00
0.00
-1.00

0.00
0.00
0.00
0.00
0.00
-1.00
-0.01
-1.03
5.63
-0.01
-0.03
-0.18

0.00
0.00
0.00
0.00
0.00
0.00
-1.00
0.00
0.00
6.00
-1.00
0.00

0.00
0.00
0.00
0.00
0.00
0.00
-1.00
-0.18
-0.03
5.82
-0.18
0.00

0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
0.00
-1.00
6.00
-1.00

0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
-0.18
-1.03
5.63
-0.18

0.00 N
0.00
0.00
0.00
0.00
0.00
0.00
0.00

-1.00
0.00

-1.00

6.00

0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
-0.01
~1.03

5.63 ./
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LU BELT=~

LU LT
<k O X (fill-infEL )
[LI[UIRE B IZ5R =

[LIxt AR (=1) Al

SELLUSELT=

E YUV
[LI[V]RIEFIZR R

[LIxt B (=1) B RS
(fill-inNEL TS, £
EHE0Eo =R AV IE
FAIZE->TLND)

7 6.00
-0.17
0.00
-0.17
0.00
0.00
0.00
0.00
0.00
0.00
0.00

\\ 0.00

7 6.00
-0.17
0.00
~0.17
0.00
0.00
0.00
0.00
0.00
0.00
0.00

N, 0.00

-1.00
5.83
-0.17
0.00
-0.17
0.00
0.00
0.00
0.00
0.00
0.00
0.00

-1.00
5.83
-0.17
-0.03
-0.17
0.00
0.00
0.00
0.00
0.00
0.00
0.00

KSR (fill-infE&EL )

0.00
-1.00
5.83
0.00
0.00
-0.17
0.00
0.00
0.00
0.00
0.00
0.00

0.00
-1.00
5.83
0.00
-0.03
-0.17
0.00
0.00
0.00
0.00
0.00
0.00

-1.00
0.00
0.00
5.83

-0.17
0.00

-0.17
0.00
0.00
0.00
0.00
0.00

-1.00
-0.17
-0.03
5.83
-0.18
0.00
-0.17
0.00
0.00
0.00
0.00
0.00

0.00
-1.00
0.00
-1.00
5.66
-0.18
0.00
-0.18
0.00
0.00
0.00
0.00

0.00
-1.00
-0.17
-1.03

5.64
-0.18
-0.03
-0.18

0.00

0.00

0.00

0.00

0.00
0.00
-1.00
0.00
-1.00
5.65
0.00
0.00
-0.18
0.00
0.00
0.00

0.00
0.00
-1.00
0.00
-1.03
5.64
-0.01
-0.03
-0.18
0.00
0.00
0.00

0.00
0.00
0.00
-1.00
0.00
0.00
5.83
-0.17
0.00
-0.17
0.00
0.00

0.00
0.00
0.00
-1.00
-0.18
-0.03
5.82
-0.18
0.00
-0.17
0.00
0.00

0.00
0.00
0.00
0.00
-1.00
0.00
-1.00
5.65
-0.18
0.00
-0.18
0.00

0.00
0.00
0.00
0.00
-1.00
-0.18
-1.03
5.63
-0.18
-0.03
-0.18
0.00

0.00
0.00
0.00
0.00
0.00
-1.00
0.00
-1.00
5.65
0.00
0.00
-0.18

0.00
0.00
0.00
0.00
0.00
-1.00
-0.01
-1.03
5.63
-0.01
-0.03
-0.18

0.00
0.00
0.00
0.00
0.00
0.00
-1.00
0.00
0.00
5.83
-0.17
0.00

0.00
0.00
0.00
0.00
0.00
0.00
-1.00
-0.18
-0.03
5.82
-0.18
0.00

0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
0.00
-1.00
5.65
-0.18

0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
-0.18
-1.03
5.63
-0.18

0.00 "\
0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
0.00
-1.00

5.65

0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
~1.00
-0.01
~1.03

5.63 /7
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BOLLER .- BEoEED

/” 600 -100 000 -100 000 000 000 000 000 000 000
qz'i"él_u/ \ﬁ” -017 583 -100 000 -100 000 000 000 000 000 0.00
. ) A%

000 -017 583 000 000 -100 000 000 000 000 000
-017 000 000 583 -100 000 -100 000 000 000 0.00
000 -0.17 000 -0.17 566 -100 000 -1.00 000 000 0.00
000 000 -0.17 000 -0.18 565 000 000 -1.00 000 0.00
000 000 000 -0.17 000 000 583 -100 000 -100 0.00
000 000 000 000 -018 000 -0.17 565 -100 000 -1.00
000 000 000 000 000 -018 000 -0.18 565 000 0.00
000 000 000 000 000 000 -0.17 000 000 583 —-1.00
000 000 000 000 000 000 000 -0.18 000 -0.17 565
\, 000 000 000 000 000 000 000 000 -0.18 000 -0.18

dl 6.00 -1.00 000 -100 000 000 000 000 000 000 0.00
é -0.17 583 -100 -0.17 -100 000 000 000 000 000 0.00

000 -0.17 583 -003 -0.17 -100 000 000 000 0.00 000
-0.17 -003 000 583 -103 000 -100 000 0.00 000 0.00
0.00 -0.17 -0.03 -0.18 5.64 -103 -0.18 -1.00 000 0.00 0.00
000 000 -0.17 000 -0.18 564 -003 -0.18 -1.00 0.00 0.00
000 000 0.00 -0.17 -003 -001 582 -1.03 -001 -1.00 0.0
000 000 000 000 -0.18 -003 -0.18 563 -1.03 -0.18 -1.00
000 000 000 000 o000 -0.18 000 -0.18 563 -0.03 -0.18
000 000 000 000 000 000 -0.17 -003 -001 582 -1.03
000 000 000 000 000 000 000 -0.18 -003 -0.18 563
N\, 000 000 000 000 000 000 000 000 -0.18 000 -0.18

0.00 ™\
0.00
0.00
0.00
0.00
0.00
0.00
0.00
-1.00
0.00
-1.00

5.65 /

0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
~1.00
~0.01
~1.03

/7 0.92°\
1.75
2.76
3.79
446
5.57
6.66
7.25
8.46
9.66

10.54

563 /

\ 1183

71007
2,00
3.00
400
5.00
6.00
7.00
8.00
9.00

10.00
11.00

\\ 12,00,/
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ILU(0), IC(0) BiAnIE

» Fill-inz&<{EELIGEW T2 7

- iR BE, FHE=HIE

+ INZERRCEIRSERL BN TONDD, REDMEL

ZTNIFEET N TS DIFTIEAEL
— BIRBIZIRTFT S
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BILEE D 5348 : Trade-off

Strong

ﬁ

Point Jacobi

Diagonal
Blocking

ILU(0)

» Simple
 Easy to be Parallelized
* Cheap

ILU(1)

ILU(2)

Gaussian
Elimination

» Complicated
» Global Dependency
* Expensive
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XWRETBRBTI)r—a DIPE

XEARENX : ZRTRT7TVAER

O 09 0'¢

—+—+—+ 1 =0

ox* oy* oz’

A

A RL1E

- EERIROER, EFRFILTEHTER.
— BEEZE 9% (Direct Finite Difference Method) &4

RREH
- TAUIL, FEITVIR

REEICEDEIL—RAEXARIE
- KR BESE (CG) +AILE

:

5 BR{A &% (Finite Volume Method, FVM) [Z & A ZE[H]

LHEN D,
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OMP-1

ﬁ’ib\’CL\éFn'ﬂi‘r'_ «km:?l‘ﬁ’/z?’ﬂz‘t
T EXxHIDTER

w7V AREX
2 2 2
0 ? 0 ¢ 0° @ Cf =0
ox> oy’ 62
BREH —J

-%E% —C“ﬁﬁﬁjﬁ‘y 7 A REZOKREITVIR

= dfloat(i+j+k) X EHE&KE

oZ:ZmaXﬁ’G(I):O (i.j.Kk)=XYz(icel,(1,2,3))

2

X
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ARAFRE

Finite Volume Method (FVM)
HzEBT 57790 ADFREFIZEE

P E R EDILEL
S. :
Z d Ikd | (¢k _¢i)+ViQi =0

.t
k k k -
| | KEETSvH R

i ERIFR

 REEIR

i ERPIDAOREETOIER
KBTSV IA
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JASSLDELT
J0535L, EI7AIL, ETT4LTK8) :<$P-L1>/run

mg
Ay AT RL—A

'

—
—

mesh.dat

Ay, 2 Id7A)L
\_//

£k (Emesh.dat

(L 475

L1-sol
R7YAER
Y )LiN—

}

INPUT.DAT
HEI77AIL

J

i

—
]

test.inp
WERI7AIL

(ParaView)
&//
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$>
$>

$>
$>
$>

A5 LNDET

NS )L
cd <$P-L1>/run

gfortran -0 mg.f¥ -o mg (or cc -0 mg.c —o0 mg)

Is mg AyavIRrl—4: mg
mg
cd ../src
make R7VAERYIL/NA—: L1-sol
Is _./run/Ll1-sol
L1-sol
gfortran B EELVF & (9954 EE Z FI LTSN

Makefilet, EEH# 2 %

101



A=A FNOESS)

Ay, a R

$> cd ../run

$> ./mg TRIONX, NY, NZEAHT DL,
4 3 2 [mesh.datiAERK SN
$> Is mesh.dat
mesh.dat
/
NZ

NY
NX

102
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mesh.dat(1/5)

4 3 2
24

1 0 2 0 5 0 13 1 1 1
2 13 0 6 0 14 2 1 1
3 2 4 0 7 015 3 1 1
4 3 0 0 8 O0 16 4 1 1
5 0 6 1 9 017 1 2 1
6 5 /7 2 10 O0 18 2 2 1
/ 6 8 3 11 019 3 2 1
8 /7 0 412 0 20 4 2 1
9 010 5 0 0 21 1 3 1
M0 9 11 6 0 0 22 2 3 1
1M 10 12 7 0 0 23 3 3 1
12 11 0 8 0 0 24 4 3 1
13 0 14 017 1 0 1 1 2
14 13 15 0 18 2 0 2 1 2
15 14 16 0 19 3 0 3 1 2
16 15 0 0 20 4 0 4 1 2
17 0 18 13 20 5 0 1 2 2
18 17 19 14 22 6 0 2 2 2
19 18 20 15 23 7 0 3 2 2
20 199 0 16 24 8 0 4 2 2
21 0 22 17 0 9 0 1 3 2
22 21 23 18 0 10 0 2 3 2
23 22 24 19 0 11 0 3 3 2
24 23 0 20 0 12 0 4 3 2

read (21, (10i10)") NX , NY , NZ
read (21, (10i10)") ICELTOT

do i= 1, ICELTOT
read (21, “(10i10)” ) ii, (NEIBcell (i, k), k=1, 6), (XYZ(i,j), j=1, 3)
enddo
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mesh.dat(2/5)

4 3 2

24

i 0 2 0 5 013 1 1 1

2 1 3 0 6 0 14 2 1 1

3 2 4 0 7 015 3 1 1

4 3 0 0 8 0 16 4 1 1

5 0 6 1 9 0 17 1 2 1

6 5 7 210 0 18 2 2 1

7 6 8 311 019 3 2 1 N7

8 7 0 412 0 20 4 2 1

9 010 5 0 0 21 1 3 1

0 9 11 6 0 0 22 2 3 1 -
1 10 12 7 0 0 23 3 3 1 - ~
211 0 8 0 0 24 4 3 1 NX

3 014 017 1 0 1 1 2

5 1416 019 3 0 3 1 3

6 15 0 020 4 0 4 1 2 X,Y,ZH R DEFH
7 018 13 21 5 0 1 2 2

18 17 19 14 22 6 0 2 2 2

190 18 20 15 23 7 0 3 2 2

20 19 0 16 24 8 0 4 2 2

20 02 17 0 9 0 1 3 2

22 21 23 18 0 10 0 2 3 2

23 92 24 19 0 11 0 3 3 2

24 93 02 012 0 4 3 2

read (21, (10i10)") NX , NY , NZ
read (21, (10i10)") ICELTOT

do i= 1, ICELTOT
read (21, “(10i10)” ) ii, (NEIBcell (i, k), k=1, 6), (XYZ(i,j), j=1, 3)
enddo



OMP-1 105

mesh.dat (3/5)

4 3 2
24
1 O 2 0 5 0 13 1 1 1
% % f’t 8 9 8 }‘51 % } } B NXXNY xXNZ
4 3 0 O 8 0 16 4 1 1
5 0 6 1 9 0 17 1 2 1
6 5 7 2 10 0 18 2 2 1
] 6 8 3 11 0o 19 3 2 1
8 7 0 4 12 0 20 4 2 1
9 0 10 5 0 0 21 1 3 1
10 9 11 6 0 0 22 2 3 1
11 10 12 7 0 0 23 3 3 1
12 11 0O 8 0 0 24 4 3 1
13 0 14 0 17 1 0 1 1 2
14 13 15 0 18 2 0 2 1 2
15 14 16 0 19 3 0 3 1 2
16 15 0 0 20 4 0 4 1 2
17 0 18 13 21 5 0 1 2 2
18 17 19 14 22 6 0 2 2 2
19 18 20 15 23 7 0 3 2 2
20 19 0 16 24 8 0 4 2 2
21 0 22 17 0 9 0 1 3 2
22 21 23 18 O 10 O 2 3 2
23 22 24 19 0 11 0O 3 3 2
24 23 0 20 O 12 O 4 3 2

read (21, (10i10)") NX , NY , NZ
read (21,’ (10i10)') ICELTOT

do i= 1, ICELTOT
read (21, “(10i10)” ) ii, (NEIBcell (i, k), k=1, 6), (XYZ(i,j), j=1, 3)
enddo
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4 3 2
24

1 0 2 0 5 0 13 1 1 1
2 13 0 6 0 14 2 1 1
3 2 4 0 7 015 3 1 1
4 3 0 0 8 O0 16 4 1 1
5 0 6 1 9 017 1 2 1
6 5 /7 2 10 O0 18 2 2 1
/ 6 8 3 11 019 3 2 1
8 /7 0 412 0 20 4 2 1
9 010 5 0 0 21 1 3 1 7
M0 9 11 6 0 0 22 2 3 1 )/
1M 10 12 7 0 0 23 3 3 1
12 11 0 8 0 0 24 4 3 1
13 0 14 017 1 0 1 1 2
14 13 15 0 18 2 0 2 1 2
15 14 16 0 19 3 0 3 1 2
16 15 0 0 20 4 0 4 1 2
17 0 18 13 20 5 0 1 2 2
18 17 19 14 22 6 0 2 2 2
19 18 20 15 23 7 0 3 2 2
20 199 0 16 24 8 0 4 2 2
21 0 22 17 0 9 0 1 3 2
22 21 23 18 0 10 0 2 3 2
23 22 24 19 0 11 0 3 3 2
24 23 0 20 0 12 0 4 3 2

read (21,” (10i10)") NX , NY , NZ
read (21," (10i10)’") ICELTOT

J S L /L

mesh.dat(4/5)

13

14 16

1

23 4

1EHEBIXELESTY (FRAHRIEIL)

do i= 1, ICELTOT
read (21, “(10i10)" ) _ii, (NEIBcell(i, k), k=1, 6),
enddo

XYZ(i, j), j=1, 3)
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NEIBcell: [ LTS5 EEZE =
BREmDIZEIX0

NEIBcell(icel,6)
* / NEIBcell(icel,4)

NEIBcell(icel,1) =l NE|Bcell(icel,2)

4

NEIBcell(icel,3) *

NEIBcell(icel,1)=icel — 1
NEIBcell(icel,5) NEIBcell(icel,2)=icel + 1
NEIBcell(icel,3)= icel — NX

NEIBcell(icel,4)= icel + NX
NEIBcell(icel,5)= icel — NX*NY
NEIBcell(icel,6)= icel + NX*NY
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mesh.dat (5/5)

4 3 2

24

SRR R NE PO

XYZERIODAIE - XYZ(.i

3 2 4 0 7 015 3 1 1 Y25 EDAE )

4 3 0 0 8 0 16 4 1 1

5 0 6 1 9 0 17 1 2 1

6 5 7 210 0 18 2 2 1

SERERE D

9 010 5 0 0 21 1 3 1 e
11012 70 035 35 3 1

shg g ta )l 2y, UM
14 13 15 0 18 2 0 2 1 2 y 112|134
5 14 16 0 19 3 0 3 1 2

6 15 0 020 4 0 4 1 2

17 018 13 21 5 0 1 2 2

18 17 19 14 22 6 0 2 2 2 X

19 18 20 15 23 7 0 3 2 2

20 19 0 16 24 8 0 4 2 2

29 022 17 0 9 0 1 3 2

22 21 23 18 0 10 0 2 3 2

23 92 24 19 0 11 0 3 3 2

24 23 0 20 0 12 0 4 3 2

read (21, (10i10)") NX , NY , NZ

read (21" (10i10)) ICELTOT
do i= 1. ICELTOT

read (21, “(10i10)" ) ii, (NEIBcell (i, k), k=1, 6), XYZ(i,j), j=1, 3)

enddo
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NEIBcell: [ LTS5 EEZE =
BREmDIZEIX0

NEIBcell(icel,6)
* / NEIBcell(icel,4)

NEIBcell(icel,1) =l NE|Bcell(icel,2)
/ i= XYZ(icel,1)
j= XYZ(icel,2), k= XYZ(icel,3)
NEIBcell(icel,3) * icel= (k-1)"NX*NY + (j-1)"NX + i
NEIBcell(icel,1)=icel — 1
NEIBcell(icel,5) NEIBcell(icel,2)=icel + 1

Z y NEIBcell(icel,3)= icel — NX
i NEIBcell(icel,4)= icel + NX
NEIBcell(icel,5)= icel — NX*NY
X NEIBcell(icel,6)= icel + NX*NY
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o595 LNDET
1T —2T<$P-L1>/run/INPUT.DAT 1D YERK

32 32 32 NX/NY/NZ
1 MEHOD 1:2
1.00e-00 1.00e-00 1.00e-00 DX/DY/DZ
1.0e-08 EPSICCG
NX, NY, NZ
— ZBAMBDA AV, A f
METHOD NZ /
— ATALIBATHI DR ik - RR—S 2.
DX, DY, DZ TN
_REHEOXY.Z5HBES
EPSICCG

— ICCGIEDINRHIEIE

110



OMP-1

HIALIE R D ER

32 32 32 NX/NY/NZ
1 MEHOD 1:2
1.00e-00 1.00e-00 1.00e-00 DX/DY/DZ
1.0e-08 EPSICCG

METHOD=1 AE£EEILAFX—7HfE
(FEXt BIERTF)

METHOD=2 AE£EEILAFX—7HfE

METHOD=3 xfAaX4&—1)>% (HmyaE)

METHOD=1,2,3I2 DWW\ TCETELTHEK !
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JO055L0OZET
ATEZET, RAMLIE

$> cd <$P-L1>/run
$> ./L1-sol

$> Is test.inp
test.inp




FEM3D-Part1

ParaView

2714 ILEFHK
X DK

o« [ A=UTFAILDRTE
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BEXDIELE
=

R
=Ak
AR
Y E A
y:ki:d
=Ak
JNE{R
—REFR
2
=AR2
U £ 2.2
DY {2
A2
=HHE2
JNEA2

UCD Format (1/3)
Unstructured Cell Data

:¥_'7_F &

- o]

. mEH 2
pt 0 0 1 0
line

=&k =Ak2
tri 0 0
w AN
tet ! 2 1 4 2

AEE NE 2
3 1 3
pyr o 0 10
Mo £ fiz mAR 2 2 2
prism 0 3 o7 3
16 8
hex 4 6 7
4 4 ‘
! 2 s 2 6 12 é

line2 _ﬁﬁz = _ﬁﬁz
tri2

quad?

tet2

pyr2

prism2

hex2

114
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UCD Format (2/3)

 Originally for AVS, microAVS
« Extension of the UCD file is “inp”

« There are two types of formats. Only old type can
be read by ParaView.
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UCD Format (3/3): Old Format

gﬁﬁ#—i&) (EERY) (BHRADT—4E) (BEROT—58) (ETILDOT—4

)
(E R ES1) (XEEAR) (YEELR) (ZEEAR)
(H RES2) (XEEAR) (YEELR) (ZEEAR)

(EXRES1) (MHES) (EROEE) (EREEAT SEH RO OEAY)
(ERES2) (MHES) (EROEE) (EREBATIHRDDOEAY)

(HROT—2RSE) (RS 1DEHE) (RI20BRE) - - -(FRSOERE)
(B R TR IDIRIL), (B
(BAT—ER32MD5R)L), (Bfi)

(BEIRT—2EZDINIL), (i)
(B REE1) (HRT—51) (BIRT—52) ==+
(HRES2) (HRT—2) (BiRT—452) -+

(BEEDT—EESE) (RS 1DEEE) (20 HRE) - - - (RS OHEME)
(BRT—IRS1DIN)L), (Bfi)
(BRT—EEP20D5)L), (Eii)

(BRERT—SHSDOINIL), (Bifi)
(BHRES1) (BRT—H) (BRT—52) -~
(BEREBEB2) (BRT M) (BRT—52)-----

116



Jde B
°* BER

- ARFIEE
— BT RIEE

e ICCGEIZEABRT7VYUARRIEZVIL/IN—IZDUNT
— ETAHE

. F—AatEE
- 7JAa55.L0EA
. #HA1L

« BRBTM)ORER
« ICCGi%

 OpenMP
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JAS S LDER

program MAIN MAIN INPUT
use STRUCT AN—F A oo s
use PCG
use solver_ICCG
use solver_ICCG2 POINTER_INIT
use solver_PCG Ay aT7AILEGA
mesh.dat
implicit REAL*8 (A-H, 0-2)
call INPUT BOUNDARY CELL
call POINTER_INIT G=0ZFHRETIERDIFR
cal |l BOUNDARY_CELL
call CELL_METRICS
call POI_GEN CELL_METRICS
PHI= 0. d0 =mEiE KAEZEOFE
if (METHOD.eq.1) call solve I1CCG (:--)
if (METHOD. eq. 2) call solve 1CCG2(--) e
if (METHOD. eq.3) call solve PCG (:--) PR A it
call OUTUCD
SOLVER_1CCG
stop ICCG3EY JL/N—
end METHOD=1
SOLVER_1CCG2 FORM_ILUO
ICCG3&Y IL/3— - ISP
METHOD=2 =8 = 2 b Al
SOLVER_PCG
ICCGiEYILIN—

METHOD=3
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module STRUCT

module STRUCT
include "precision. inc’

I1C

IC— METRICs & FLUX
integer (kind=kint) :: ICELTOT, ICELTOTp, N
integer (kind=kint) :: NX, NY, NZ, NXP1, NYP1, NZP1, IBNODTOT
integer (kind=kint) :: NXc, NYc, NZc

real (kind=kreal) ::
& DX, DY, DZ, XAREA, YAREA, ZAREA, RDX, RDY, RDZ,
& RDX2, RDY2, RDZ2, R2DX, R2DY, R2DZ

real (kind=kreal), dimension(:), allocatable ::
& VOLCEL, VOLNOD, RVC, RVN

integer (kind=kint), dimension(:,:), allocatable ::
& XYZ, NEIBcell

10
IC— BOUNDARYs
integer (kind=kint) :: ZmaxCELtot

integer (kind=kint), dimension(:), allocatable :: BC_INDEX, BC_NOD

integer (kind=kint), dimension(:), allocatable :: ZmaxCEL

IC

IC—— WORK
integer (kind=kint), dimension(:,:), allocatable :: IWKX
real (kind=kreal), dimension(:, :), allocatable :: FCV

end module STRUCT

ICELTOT : ZER%E (NXxNY XxNZ)
N : B R 2

NX,NY,NZ : x,y, zARIZERH
NXP1, NYP1, NZP1 :
X, Y, ZA R Ei R 3

IBNODTOT : NXP1 x NYP1
XYZ(ICELTOT, 3) : ZEHREAE

NEIBcel | (ICELTOT, 6) :
BrEZER
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754

(

ET=Bmn < IZEER

module PCG (1/5)

module PGCG

integer, parameter :: N2= 256
integer :: NUmax, NLmax, NCOLORtot, NCOLORk, NU, NL, METHOD

real (kind=8) :: EPSICCG

real (kind=8), dimension(:), allocatable :: D, PHI, BFORCE
real (kind=8), dimension(:), allocatable :: AL, AU

integer, dimension(:), allocatable :: INL, INU, COLORindex
integer, dimension(:), allocatable :: OLDtoNEW, NEWtoOLD

integer, dimension(:, :), allocatable :: IAL, IAU

integer, dimension(:), allocatable :: indexL, itemL
integer, dimension(:), allocatable :: indexU, itemU

end module PCG

54751 : BAT5

120

T DEDDH & Hi)

= FEEORDTDHZFECIET S
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module PCG (2/5)

module PCG *ﬁw]ﬁayu

integer, parameter :: N2= 256
integer :: NUmax, NLmax, NCOLORtot, NCOLORk, NU, NL, METHOD

integer :: NPL, NPU T=ZA/S FNES):

real (kind=8) :: EPSICCG ERABARS TEHSIVERSS
real (kind=8), dimension(:), allocatable :: D, PHI, BFORCE ANV (Y IR

real (kind=8), dimension(:), allocatable :: AL, AU |AL(iCOU,i) < j

integer, dimension(:), allocatable :: INL, INU, COLORindex
integer, dimension(:), allocatable :: OLDtoNEW, NEWtoOLD

=R FIES):

integer, dimension(:, :), allocatable :: IAL, IAU QFﬂﬁﬁkﬁj\?Eﬁ;L)Eiﬁ%
int , di i ), allocatable :: indexL, itemL N
ntesor dimencion()’ alloeatable & indexll isond BREL,
end module PCG |AU(ICOU,I) > |
INL (ICELTOT) EFET=ZAMTDE
IAL (NL, ICELTOT) EFET=ZAMS FIES)
INU (ICELTOT) EBL=ARSDH U
IAU (NU, ICELTOT) FEEL=ARS FIEES)
NU, NL EFELT=ATDOEZRKRE (Z Z TIL6)
indexL (0: ICELTOT) BITOEFTT=ZAB % (CRS)
indexU (0: ICELTOT) LZITDIES E=AR 7% (CRS)
NPL, NPU EELF=ARS MDA (CRS) -
itemL (NPL), itemU (NPU) LkEZEET=A/S (51FS) (CRS)
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122

module PCG (3/5)

module PGCG

integer, parameter
integer
integer :: NPL, NPU

real (kind=8) :: EPSICCG

real (kind=8), dimension(:), allocatable :: D,
real (kind=8), dimension(:), allocatable

integer, dimension(:), allocatable :: INL, INU, COLORindex
integer, dimension(:), allocatable :: OLDtoNEW, NEWtoOLD
integer, dimension(:, :), allocatable :: IAL, IAU
integer, dimension(:), allocatable :: indexL, itemL
integer, dimension(:), allocatable :: indexU, itemU
end module PCG
INL (IGELTOT) EET=ZARTDE
TAL (NL, ICELTOT) EEJFET=AS FIES)
INU (IGELTOT) EEL=ZARTDE
TAU (NU, ICELTOT) EZEL=A/n FIES)
NU, NL EFELT=ATDOEZRKRE (Z Z TIL6)

indexL (0: ICELTOT)
indexU (0: ICELTOT)
NPL, NPU

i temL (NPL), i temU (NPU)

-1 N2= 256
7 NUmax, NLmax, NCOLORtot, NCOLORk, NU, NL, METHOD

PHI, BFORCE
“ AL, AU

FITDEFT=AMSE (CRS)
FITDIFEFTE=AMDE (CRS)
FFLT=ZARTBDEET (CRS)
HEET=Am5S (51%&S) (CRS)

18 BhEiC 5|

T=ZA7 AES):
IAL(icou,i) < i
T DEF A INL(i)

=/ (5IES):
IAU(icou,i) > i
Z DEHEAINU()
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module PCG (4/5)

module PCG *ﬁwjgagu

integer, parameter :: N2= 256
integer :: NUmax, NLmax, NCOLORtot, NCOLORk, NU, NL, METHOD

integer :: NPL, NPU T=ZA/S FNES):
real (kind=8) :: EPSICCG IAL(icou,i) <i
real (kind=8), dimension(:), allocatable :: D, PHI, BFORCE %0)@&7&\ INL(I)

real (kind=8), dimension(:), allocatable :: AL, AU

integer, dimension(:), allocatable :: INL, INU, COLORindex E=An (FEBES):
integer, dimension(:), allocatable :: OLDtoNEW, NEWtoOLD . . .
IAU(icou,i) > i

integer, dimension(:, :), allocatable :: IAL, IAU %a)ﬂﬁlﬁfﬁlNU(i)
integer, dimension(:), allocatable :: indexL, itemL
integer, dimension(:), allocatable :: indexU, itemU

end module PCG

INL (ICELTOT) EET=ARSDHK

IAL (NL, ICELTOT) EET=ARS FNED)

INU (ICELTOT) FEL=ARIDOHK U
IAU (NU, ICELTOT) EEL=ZARS FIED)

NU, NL EEBLF=ABSORAHK (2 TIL6)

indexL (0: ICELTOT) ETDIIEET=ARESH (CRS)

indexU (0: ICELTOT) BITDIEZL=FAES% (CRS)

NPL. NPU EBLTSRARNMDOEE (CRS) -

itemL (NPL), i temU (NPU) HEETFT=ARS (51FS) (CRS)
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module PCG
integer, parameter :: N2= 256
integer :: NUmax, NLmax, NCOLORtot, NCOLORk, NU, NL, METHOD
integer :: NPL, NPU
real (kind=8) :: EPSICCG
real (kind=8), dimension(:), allocatable :: D, PHI, BFORCE
real (kind=8), dimension(:), allocatable :: AL, AU
integer, dimension(:), allocatable :: INL, INU, COLORindex
integer, dimension(:), allocatable :: OLDtoNEW, NEWtoOLD
integer, dimension(:, :), allocatable :: IAL, IAU
integer, dimension(:), allocatable :: indexL, itemL
integer, dimension(:), allocatable :: indexU, itemU
end module PCG

METHOD AR FE (=1,=2,=3)

EPSICCG INRITUI R E

D (ICELTOT) ZREITH DX BRESD

PHI (ICLETOT) EEEH

BFORCE (ICELTOT) EIT—RARBRXODAHIDIRT ~L

AL (NPL), AU (NPU) FREITHDLEFELT=A/S (CRS)
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17

SIRARER . LD

EEA-EHE | B SIS
D(N) R | &AM, (N:&AY a1 $=1CELTOT)
BFORCE(N) R | BB

PHI(N) R | RENEARUEIL

indexL(O:N) | 1 | BITDIEFTT=AMH#(CRS)
indexU(O:N) | 1 | BITDIEFTE=ARSE(CRS)
NPL | | EFT=AMS#E(CRS)

NPU | |SEFEL=AMN#E(CRS)
itemL(NPL) | I |EFBT=A/S? (5IEFE) (CRS)
itemUNPU) | I |EFT=AM? (5I1FS) (CRS)
AL(NPL) R | EFT=AMT (RE (CRS)
AU(NPL) R | EF L= (%% (CRS)
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TTHIRERE R T &8 (FmBhEE5I)

BoA-ZE#ea | B N B

NL, NU | | FTDFEFTLT=AMDTORRE (2 ZTIX6)

INL(N) | | BITOEZFIT=AMSN

INU(N) | | FITOEFTL=AMSH

IAL(NL,N) | | FITOEFT=ZARSIKILT HINES

IAU(NU,N) | | STOEFL=ZARAICHET HINES
HENEL S 2 {3 5 B

@D NPL, NPUDMEMRTELTHH 5 7EL

2 #®ED:

iU Z (ordering, reordering) &=

CRSFZX TIE P YT < LY
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THIAIRIVER {q}=[Al{p}
do i=1, N

VAL= D (i)*p (i)

do k= indexL (i-1)+1, indexL (i)

VAL= VAL + AL (k) *p (itemL (k))
enddo

do k= indexU(i—-1)+1, indexU(i)
VAL= VAL + AU (k) *p (itemU (k))
enddo

q(i)= VAL

enddo



OMP-1

program MAIN

use STRUCT

use PCG

use solver_ICCG
use solver_ICCG2
use solver_PGCG

implicit REALx8 (A-H, 0-2)

cal |l INPUT

call POINTER_INIT

cal | BOUNDARY_GCELL
call CELL_METRIGS

call POI_GEN

PHI= 0.d0

if (METHOD. eq.1) call solve_ICCG (-
if (METHOD. eq.2) call solve_ICCG2 (---)
if (METHOD. eq.3) call solve_PCG (-

call OUTUCD

stop
end

JAS S LDER

INPUT

HET7 A ILERA
INPUT.DAT

MAIN
AMUIIN—F2

POINTER_INIT

Ay aT7AIVEA
mesh.dat

BOUNDARY_CELL
0=0ZRETHDERDHER

CELL_METRICS
REHE, ARFOHE

POI_GEN
FHRRHTAET AR,

) BEHTDEHE, BREH

) SOLVER_1CCG

ICCGHEYVIL/IN—
METHOD=1

128

SOLVER_I1CCG2

ICCGEYIL/N—
METHOD=2

FORM_I1LUO
j-1

Iij =a; — ki - dy
=1

=

. Ijk

SOLVER_PCG
ICCGIEY IL/N—
METHOD=3
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input: NINPUT.DAT | D EE & 3A &

IC

| Goksksk
ICxkx INPUT
| Goksksk
IC
IC INPUT CONTROL DATA
IC
subroutine INPUT
use STRUCT
use PCG
implicit REALx8 (A-H, 0-2)
character*80 CNTFIL
IC
IC— CONTL. file
open (11, file=" INPUT.DAT , status="unknown')
read (11,%) NX, NY, NZ
read (11,%) METHOD
read (11,%) DX, DY, DZ
read (11,*) EPSICCG
close (11)
return
end
32 32 32
1

1.00e-00 1.00e-00 1.00e-00
1.0e-08

NX/ZNY/NZ
MEHOD 1-3
DX/DY/DZ
EPSICCG

129
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pointer init(1/3)

IC
| Gokoksk
| Gokoksk
| Gokoksk
IC

IC

POINTER_INIT

subroutine POINTER_INIT
use STRUCT

use PCG
implicit REALx8 (A-H, 0-2)

IC -

IC | Generating MESH info. |

IC

ICELTOT= NX * NY = NZ

NXP1= NX + 1
NYP1= NY + 1
NZP1= NZ + 1

al locate (NEIBcel | (ICELTOT, 6),

NEIBcel =0

XYZ (IGELTOT, 3))

allocate/deallocate
for C

-Tmesh.dat | D {ERK

NX, NY, NZ :
X, Y, ZARIERH

NXP1, NYP1, NZP1
X,y, 2BIR % (AIRIEA)

ICELTOT
BERH# (NXxNYxNZ)

NEIBcel | (ICELTOT, 6) :
PR R R

XYZ (ICELTOT, 3) :
ERER




pointer init(2/3) : T'mesh.dat] D {ERk

do k=1, NZ
do j= 1, NY
do i=1, NX
icel= (k—1)*NXkNY + (j—1)*NX + i NEIBcell(icel,6)
NEIBcell (icel, 1)= icel - 1
NEIBcell (icel, 2)= icel + 1

NEIBcell(icel,4)

NEIBcell (icel,3)= icel - NX
NEIBcell (icel,4)= icel + NX
NEIBcell (icel,5)= icel — NXkNY
NEIBcell (icel, 6)= icel + NX«NY

NEIBcell(icel,1) NEIBcell(icel,2)

if (i.eq. 1) NEIBcell (icel, 1)
if (i.eq.NX) NEIBcell (icel, 2)
if (j.eq. 1) NEIBcell (icel, 3)
if (J.eq.NY) NEIBceII(iceI,4§

)

if (k.eq. 1) NEIBcell (icel,5
if (k.eqg.NZ) NEIBcell (icel, 6

XYZ (icel, 1)
XYZ (icel, 2)
XYZ (icel, 3)

(I N e i |
OO OOOO

NEIBcell(icel,3)

i
j NEIBcell(icel,5)
k

enddo
enddo
c enddo
' NEIBcell(icel,1)=icel — 1

NEIBcell(icel,2)=icel + 1

i= XYZ(icel,1) NEIBcell(icel,3)= icel - NX

j= XYZ(icel,2), k= XYZ(icel,3)

. ; _ NEIBcell(icel,4)= icel + NX
icel= (k-1)*NX*NY + (j-1)*NX + i

NEIBcell(icel,5)= icel — NX*NY
NEIBcell(icel,6)= icel + NX*NY
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pointer init(3/3)

IC
1C +4 ; — ~
:g | Parameters | DX—O Ot 7:; >, T L\T:i%é
iG== D&+ DX DY DIZ D LD
o 1o o o) o
= 1. oa -
DY= 1.d0 / dfloat (NY) '“:]:E/E
DZ= 1.d0 / dfloat (NZ)
endif
NXP1= NX + 1
NYPi= NY + 1
NZPi= NZ + 1
IBNODTOT= NXP1 * NYP
o N = NXP1 * NYP1 * NZP1

return
end

132
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pointer init(3/3) :

1C
1C +
IC | Parameters |
IC 4
IC===
if (DX. le.0.0e0) then
DX= 1.d0 / dfloat (NX)
DY= 1.d0 / dfloat (NY)
DZ= 1.d0 / dfloat (NZ)
endif
NXP1= NX + 1
NYP1= NY + 1
NZP1= NZ + 1
IBNODTOT= NXP1 * NYP1
N = NXP1 * NYP1 % NZP1
! C:::
return
end

g m=>7A]fR1t H

o o
S

NXP1, NYP1, NZP1 :
X,Y, zAREI Rk

IBNODTOT
NXP1 x NYP1

N :
EimE (aIRMEIZER)

133
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IC
| Goksksk
I Cxsx BOUNDARY_CELL _ e
:g*** Z—Z;:naxa) g%o)mﬁ
. l sls .
subrout ine BOUNDARY CELL 2N - ZmaxCELtot
use STRUCT g%%% ZmaxCEL()
implicit REAL*8 (A-H, 0-2)
IC
10 +—— +
IC | Zmax |
10 +—— +
!C:::
IFACTOT= NX * NY
ZmaxCELtot= IFACTOT
al locate (ZmaxCEL (ZmaxCELtot))
icou= 0
k =Nz
do j= 1, NY
do i= 1, NX 7
icel= (k-1)*IFACTOT + (j—1)*NX + i
icou= icou + 1
ZmaxCEL (icou)= icel
enddo
enddo
!C:::
return
end X

134
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IC
| Ckkok
ICx*x CELL_METRICS
| Ckkok
IC
subroutine CELL_METRIGS
use STRUCT
use PCG
. implicit REALx8 (A-H, 0-7)
I
IC— ALLOCATE
al locate (VOLCEL (ICELTOT))
: allocate (  RVC(ICELTOT))
I

IC—— VOLUME, AREA, PROJECTION etc.
XAREA= DY * DZ
YAREA= DX * DZ
ZAREA= DX * DY

RDX= 1.d0 / DX
RDY= 1.d0 / DY
RDZ= 1.d0 / DZ

RDX2= 1.d0 / (DX**2)
RDY2= 1.d0 / (DY*x2)
RDZ2= 1.d0 / (DZ**2)
R2DX= 1.d0 / (0. 50d0*DX)
R2DY= 1.d0 / (0. 50d0=DY)
R2DZ= 1.d0 / (0.50d0+DZ)

VO= DX * DY * DZ
RVO= 1.d0/VO
VOLCEL= VO
RVC = RVO

I
— — — — — —

return
end

135

cell metrics
ST RICHEGFE/INTA—S

XAREA
L

DZ

X

XAREA=AY xAZ, YAREA=AZ xAX,
ZAREA = AX x AY

DY

DX

RDX :L, RDY :L, RDZ =L
AX AY AZ
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IC
| Ckkok
ICx*x CELL_METRICS
| Ckkok
IC
subroutine CELL_METRIGS
use STRUCT
use PCG
. implicit REALx8 (A-H, 0-7)
I
IC— ALLOCATE
al locate (VOLCEL (ICELTOT))
: allocate (  RVC(ICELTOT))
I

IC—— VOLUME, AREA, PROJECTION etc.
XAREA= DY * DZ
YAREA= DX * DZ
ZAREA= DX * DY

RDX= 1.d0 / DX
RDY=1.d0 / DY
RDZ= 1.d0 / DZ

RDX2= 1.d0 / (DX**2)
RDY2= 1.d0 / (DY*%2)
RDZ2= 1.d0 / (DZ*%2)
R2DX= 1.d0 / (0. 50d0*DX)
R2DY= 1.d0 / (0. 50d0*DY)
R2DZ= 1.d0 / (0.50d0*DZ)

VO= DX * DY * DZ
RVO= 1.d0/VO
VOLCEL= VO
RVC = RVO

return
end

136

cell metrics
ST RICHEGFE/INTA—S

XAREA
“//
DZ
DY
zy , DX
X
1 1 |
RDX2=——, RDY2=—, RDZ2=—
AY A
R2DX — 1 ’ 2D = 1 D
S5xA 0.5xAY
R2DZ = !
0.5xAZ
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IC
| Ckkok
ICx*x CELL_METRICS
| Ckkok
IC
subroutine CELL_METRIGS
use STRUCT
use PCG
. implicit REALx8 (A-H, 0-7)
I
IC— ALLOCATE
al locate (VOLCEL (ICELTOT))
: allocate (  RVC(ICELTOT))
I

IC—— VOLUME, AREA, PROJECTION etc.
XAREA= DY * DZ
YAREA= DX * DZ
ZAREA= DX * DY

RDX= 1.d0 / DX
RDY=1.d0 / DY
RDZ= 1.d0 / DZ

RDX2= 1.d0 / (DX**2)
RDY2= 1.d0 / (DY*x2)
RDZ2= 1.d0 / (DZ**2)
R2DX= 1.d0 / (0. 50d0*DX)
R2DY= 1.d0 / (0. 50d0=DY)
R2DZ= 1.d0 / (0.50d0+DZ)

VO= DX * DY * DZ
RVO= 1.d0/VO
VOLCEL= VO
RVGC = RVO

I
— — — — — —

return
end

137

cell metrics
ST RICHEGFE/INTA—S

XAREA

L

DZ

|

X

DY

DX

VOLCEL =V0=AX xAY xAZ

1

RV0=RVC =——
VOLCEL
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program MAIN

use STRUCT

use PCG

use solver_ICCG
use solver_ICCG2
use solver_PGCG

implicit REALx8 (A-H, 0-2)

cal | INPUT

call POINTER_INIT
cal | BOUNDARY_CELL
call GELL_METRIGS
call POI_GEN

PHI= 0.d0

if (METHOD. eq.1) call solve_ICCG (-
if (METHOD. eq.2) call solve_ICCG2 (---)
if (METHOD. eq.3) call solve_PCG (-

call OUTUCD

stop
end

JAS S LDER

INPUT

HET7 A ILERA
INPUT.DAT

MAIN
AMUN—FY

POINTER_INIT
Ay aT7AILERIA
mesh.dat

BOUNDARY_CELL
0=0ZRETHDERDHER

CELL_METRICS
REHE, ARFOHE

POI_GEN

75RO TAETAER,
) EHTDEHE, BREH

) SOLVER_1CCG
ICCGiEYIL/IN—
METHOD=1

138

SOLVER_I1CCG2
ICCGEYIL/N—
METHOD=2

FORM_I1LUO
j-1

L =a; — 2 b -di - I
)

=

SOLVER_PCG
ICCGIEY IL/N—
METHOD=3
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poi_gen(1/7)

subroutine POI_GEN

use STRUCT
use PCG

implicit REALx8 (A-H, 0-2)

IC

IC— INIT.
nn = ICELTOT
NU= 6
NL= 6

al locate (BFORCE(nn), D(nn), PHI (nn))
allocate (INL(nn), INU(nn), IAL(NL,nn), TAU(NU, nn))

PHI= 0. d0
D= 0.d0

INL= 0
INU= 0
IAL= 0
IAU= 0



= =
H 5

BCAID

Bohl-EHa |2 N B

D(N) R | ®AMS, (N:&AyS a$=1CELTOT)
BFORCE(N) R | BERIRL

PHI(N) R | REIFAIRIL

indexL(O:N) | 1 | BITDOIIEFTT=AM 5 $ (CRS)
indexU(O:N) | 1 | &1TDIESZE=ARDE(CRS)

NPL | | EFT=AMSHLE(CRS)

NPU | | EZL=/AmM57#% (CRS)
itemL(NPL) | 1 |EFET=A/S (BIFES) (CRS)
itemUNPU) | 1 | IEFT=A/S (FIFS) (CRS)
AL(NPL) R | EEZT=AMS (RE (CRS)
AU(NPL) R | EF L= (R%0 (CRS)

5 -EHE B A B
NL,NU I | BITOEFLT=ZBRETDRAE (ZZTIX6)
INL (N) I | BITOESFET=ZARTH

INU (N) I BTOFERFL=BETH

IAL (NL, N) I | BITOEFT=ZH/ESIZHETHHNES
IAU (NU, N) I | BTOEFLE=H/ESICHETIHHNES

140
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ig | CONNECTIVITY | pOi_gen (2/7>

IC +
! C===
do icel= 1, ICELTOT
icN1= NEIBcel |l (icel, 1)
icN2= NEIBcel |l (icel, 2) NEIBcell(icel,6)
icN3= NEIBcel |l (icel, 3)
icN4= NEIBcel |l (icel, 4)
icN5= NEIBcel |l (icel, 5)
icN6= NEIBcel |l (icel, 6)

NEIBcell(icel,4)

icouG= 0 .

if (icN5.ne.0) then NEIBcell(icel,1)
icou= INL(icel) + 1
IAL (icou, icel)= icNb
INL ( icel)= icou

endif

if (icN3.ne.0) then
icou= INL(icel) + 1

NEIBcell(icel,2)

NEIBcell(icel,3)

IAL (icou, icel)= icN3 NEIBcell(icel,5)
INL ( icel)= icou

endif

(i T=A/7

I SIEbpt) 0 NEIBcell(icel,5)= icel — NX*NY
IAL (icou, icel)= icN1 NEIBcell(icel,3)= icel — NX
INLC icel)= icou NEIBcell(icel,1)= icel — 1

endif
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if (ioN2.ne.0) th " 7
L o poi_gen(3/7)
IAU(icou, icel)= icN2 —
INU( icel)= icou

endif

'fic(<'>3!4'1rrqlﬁ'((i))ceﬂ1 1 NEIBcell(icel,6)
IAU(icou, icel)= icN4
INU( icel)= icou

endif

if (icN6.ne.0) then
icou= INU(icel) + 1
IAU(icou, icel)= icN6
INU( icel)= icou
endif
enddo
! C===

NEIBcell(icel,4)

NEIBcell(icel,1) NEIBcell(icel,2)

NEIBcell(icel,3)

NEIBcell(icel,5)

=5
NEIBcell(icel,2)=icel + 1

NEIBcell(icel,4)= icel + NX
NEIBcell(icel,6)= icel + NX*NY
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IC
IC— 1D array
allocate (indexL(0:nn), indexU(0:nn))
indexL= 0
indexU= 0
do icel= 1, ICELTOT
indexL (icel)= INL(icel)
indexU(icel)= INU(icel)
enddo
do icel= 1, ICELTOT
indexL (icel)= indexL(icel) + indexL(icel-1)
indexU(icel)= indexU(icel) + indexU(icel-1)
enddo
NPL= indexL (ICELTOT)
NPU= indexU (ICELTOT)
allocate (itemL(NPL), AL(NPL))
allocate (itemU(NPU), AU(NPU))
itemL,= 0
itemU= 0
AL= 0.d0
AU= 0.d0
! (===

poi_gen (4/7)

BCHIDES

143

EEy-EHa |2 N &
D(N) R | MBS, (N:E£AyL 1 $=1CELTOT)
BFORCE(N) R |BITYL

PHI(N) R | REIEARIRIL

indexL(O:N) | 1 | BITOEFIT=AMSE(CRS)
indexU(O:N) | I | BITOEZFTL=ARMDE(CRS)
NPL I | EFT=ARMDFE(CRS)

NPU | | EFLE=ARD#E(CRS)
itenL(NPL) | I | EFT=AMS (F1FES) (CRS)
itenUNNPU) | I |EFT=AKH (F1FES) (CRS)
AL(NPL) R | EFT=AS (RE (CRS)
AU(NPL) R [ EFL=MApD (=% (CRS)

doi=1 N
VAL= D (i) #p (i)
do k= indexL (i-1)+1, indexL (i)

VAL= VAL + AL (k) *p (itemL (k))
enddo

do k= indexU(i-1)+1, indexU(i)
VAL= VAL + AU (k) *p (itemU (k))
enddo

q(i)= VAL

enddo
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ARAFRE

Finite Volume Method (FVM)
HzEBT 57790 ADFREFIZEE

P E R EDILEL
S. :
Z d Ikd | (¢k _¢i)+ViQi =0

.t
k k k -
| | KEETSvH R

i ERIFR

 REEIR

i ERPIDAOREETOIER
KBTSV IA
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SRR DORDERK
BXRilCEHITHBIVELY

Sik _ \
D7 (h=4)+ViQ =0

. Qi 70

S, S, .
_ E i + E ! . =+V.Q.

. i T 0

dlk +dk| :|¢I |: dlk +dk| :| iQi

D (5 A Rl 43) AL, AU BFORCE
€/Fop:: 03,9 (F3i0)

145
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IC
IC +

IC | INTERIOR & NEUMANN BOUNDARY CELLs |

IC +

poi _gen(5/7)

' C:::
icouG= 0
do icel= 1, ICELTOT

icN1= NEIBcel |l (icel, 1)
icN2= NEIBcell (icel, 2) *

icN3= NEIBcell (icel, 3) Ff_‘}’tﬂg)n-l-ﬁ( ﬁﬁug*)
icN4= NEIBcel |l (icel, 4)
icN5= NEIBcel |l (icel, 5)
icN6= NEIBcel | (icel. 6) N
VOLO= VOLCEL (icel) ® ’ o
icou= 0

if (icN5.ne.0) then

coef =RDZ * ZAREA DY
D(icel)= D(icel) - coef i

icou= icou + 1
k = icou + indexL(icel-1) .<__>é<7_>'
itemL (k)= icN5 W DX DX E
AL (k)= coef
endif

y
if (icN3.ne.0) then O o o
coef  =RDY * YAREA S;
D(icel)= D(icel) — coef
icou= icou + 1
k = icou + indexL(icel-1)
itemL (k)= icN3

endifAL(k)= coef 46 92

if (icN1.ne.0) then
coef  =RDX * XAREA Z&)(
D(icel)= D(icel) — coef

ﬁN ¢I

——AYy+—Ay +

146

2 ou + ndexL (icel-1) I gy B ¢ “h Axs f AXAY =0

iteml (k)= ioNi Ay Ay

AL (k)= coef
endif
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=RILTIL: -+

NEIBcell(icel,6)

NEIBcell(icel,4)

if (icNb.ne.0) then
coef = RDZ * ZAREA
D(icel)= D(icel) - coef

NEIBcell(icel,1) NEIBcell(icel,2)

icou= icou + 1

NEIBcell(icel,3) k= icou + indexL (icel-1)

z y
Z NEIBcell(icel,5)

X itemL (k)= icN5
~ AL (k)= coef
¢neib(icel,1) _¢icel AYAZ + ¢neib(ice|,2) _¢ice| AYAZ fnd Bi
¢neib(ice|,3) - ¢ice| AZAX + ¢neib(ice|,4) - ¢ice| AZAX +

Ay Ay

¢neib(ice|,5) T ¢ice| AXAy n ¢neib(icel,6) - ¢ice| AXAy + ficel
A7 AZ

AXAYAZ =0
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icou= 0
if (icN2.ne.0) then
coef = RDX * XAREA
D(icel)= D(icel) — coef
icou= icou + 1
k = icou + indexU(icel-1)
itemU (k)= icN2
AU (k)= coef
endif

if (icN4.ne.0) then
coef = RDY * YAREA
D(icel)= D(icel) — coef
icou= icou + 1
k = icou + indexU(icel-1)
itemU (k)= icN4
AU (k)= coef
endif

if (icN6.ne.0) then
coef = RDZ * ZAREA
D(icel)= D(icel) — coef
icou= icou + 1
k = icou + indexU(icel-1)
itemU (k)= icN6
AU (k)= coef
endif

ii= XYZ(icel, 1)
jj= XYZ(icel, 2)
kk= XYZ(icel, 3)

BFORCE (icel)= —-dfloat (ii+jj+kk) * VOLO

enddo

BREBOHE (IR

148

poi gen(6/7)

S5 E LASYH)

N
o ’P o

i
.4——»*4——».

W DX DX E
Y DY
o o o
S

e
AX

¢
Ay

¢I ﬁN ¢|

——AYy+—Ay +

—¢'Ax+¢ —4 AX + f AXAy =0

Ay
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icou= 0
if (icN2.ne.0) then
coef = RDX * XAREA
D(icel)= D(icel) - coef
icou= icou + 1
k = icou + indexU(icel-1)
itemU (k)= icN2
AU (k) = coef
endif

if (icN4.ne.0) then
coef = RDY * YAREA
D(icel)=D(icel) - coef
icou= icou + 1
k = icou + indexU(icel-1)
itemU (k)= icN4
AU (k) = coef
endif

if (icN6.ne.0) then
coef = RDZ * ZAREA
D(icel)= D(icel) - coef
icou= icou + 1
k = icou + indexU(icel-1)
itemU (k)= icN6
AU (k) = coef
endif

ii= XYZ(icel, 1)
ji= XYZ(icel, 2)
kk= XYZ(icel, 3)

BFORCE (icel)= —dfloat (ii+jj+kk) * VOLO

enddo

149

poi gen(6/7)

f =dfloat(i, + J, +k,)

I, = XYZ(icel,1),

Jo = XYZ(icel ,2),

k, = XYZ(icel ,3)
XYZ(icel, k) (k=1,2,3) [&X, Y, ZAMEDER
BFDATIIAR

Ay anX, Y, ZARDORIEFEBRIZHBHH
#rLTLV3,
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IC
IC + =
IC | DIRICHLET BOUNDARY CELLs |
IC + =
IC  TOP SURFACE
do ib= 1, ZmaxCELtot
icel= ZmaxCEL (ib)
coef= 2.d0 * RDZ * ZAREA
D(icel)= D(icel) — coef
enddo
return
end

150

poi_gen(7/7)

BREBOFE (ERHE)

E 0=-0g E
+ Z=Zmax
DZ
o o o
=0
o o o
® o o

BEREDIMIIZ, KESHARLT, B
=0t B EIBERNDHHLRE BRE
TTEG=0£7%3) : — JGEM
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T4)OLEH

Sik _ y
> (A —4)+ViQ =0

Ui Ty

W.< DX >r DX >.E S S
: {Z dy +dy }qj‘ {Z dy +dy 4 -8

k K

D (55t & plc43*) AL, AU BFORCE
CGEx AR ) (F30)
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T4V EH
N __________ Si Y _
| 4 DZE Zk: d, +d, (¢k _¢i)+ViQi =0
iy
Q= > @
W ox r px E { g } { S } .
- A + —ad [=-VIQ
PY i ;Z ® ;dik+dki ;dik_l_dki

D (55t & plc43*) AL, AU BFORCE
CGEx AR ) (F30)

—{Z ! }¢. "‘{Z ! ¢k:|+ I = AXAy:_ViQi9 Oy =—9,

—d, +d, —d., +d, AZ



OMP-1

2

k

S.
sy
ik +dki

T4 )L &K
N ___________ Sic -
I ? o zdik +dki (¢k _¢I)+VIQI _O
Iy
Q= > @
W DX r D E S. } {
- kg +
o i ;Z o {Zk: iy +d

D (55t & plc43*)

_|_

¢N B ¢i
AZ

(FEX FRLST)

AL, AU

AXAY = _ViQi N

_¢i_¢i — \/C
+ . AXAY = -V.Q.

153

-V, Qi

BFORCE
(510)

— —¢i
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T4 )L EMH
N __________ Sik ’
' 4 DZE Zk: d, +d, (¢k _¢i)+ViQi =0
Iy
Q= > @
W ox r px E { g } { S } .
- A + —ad [=-VIQ
PY i ;Z ® ;dik+dki ;dik_l_dki

D (55t & plc43*) AL, AU BFORCE
CGEx AR ) (F30)

_ Siy Si —2¢, _ '
{Z d +d. }ﬁ "{Z d +d. ¢k:|+ A AXAY = +V,Q,
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T4)OLEH

BFORCE
(510)

. N . S., .
| | ' _$)+VO =0
? o ; dik + dki (¢k ¢I) IQI
o ! % o
W DX DX E Si Si
l {Zd r }¢i{zd r 4:
° e % o k Ui T 0y k Ui 70y
S
D (Xt &R 5) AL, AU
€[Fop: 153,
S, S, —2¢ :
— : .+ : + LAXAY = +V.Q.
{Zk: dy +dy }ﬁ {Zk: dy +dy ¢k} Az g Q
S 2 S, .
_ k_ 2 AXAY | + i +=VO,
24, +d, A y}qj' {; dy +0, 4 ©

-V, Qi

155
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T4)OLEH

A Zd Sikd (¢k_¢i)+ViQi =0

bz . Ui T Uy

VV‘.< >?N >.'E
ox [ bx S, S, .
- |4 ‘{ : ¢k:| =-ViQ
: {Z d, +dJ 24, +4,

k

D (B Rk5) BFORCE
ot £ BY y=29)
do ib= 1, ZmaxCELto

- icel= ZmaxCEL (ib)
Siy Si coef= 2.d0 * RDZ % ZAREA
- Z ¢, + Zd q @ D(icel)= D(icel) - coef
k Uk TU04  enddo

Sik _2 Sik — \/C
{—; ) AZAxAy}qﬁi{de dkiqﬁk}— V,Q

ki
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JAS S LDER

program MAIN

use STRUCT

use PCG

use solver_ICCG
use solver_ICCG2
use solver_PGCG

implicit REALx8 (A-H, 0-2)

cal | INPUT

call POINTER_INIT

cal | BOUNDARY_CELL
call GELL_METRIGS

call POI_GEN

PHI= 0.d0

if (METHOD.eq.1) call solve_ICCG
if (METHOD.eq.2) call solve_ICCG2
if (METHOD.eq.3) call solve_PCG
call OUTUCD

stop
end

MAIN
AMUIIN—F2

INPUT

HE T 71 ILEEIA
INPUT.DAT

POINTER_INIT

Ay aT7AIVEA
mesh.dat

BOUNDARY_CELL
0=0ZRETHEFRDER

CELL_METRICS
REHE ARFOHE

POI_GEN
FHRRYTAET AR,
EHADHE, BREH

SOLVER_ICCG

ICCGH&EYVIL/IN—
METHOD=1

SOLVER_I1CCG2

ICCGEVIL/N—
METHOD=2

SOLVER_PCG
ICCGIEY IL/N—
METHOD=3

157

FORM_ILUO

~ it
Iij =a; - Iik 'dk : Ijk




Jde B
°* BER

- ARFIEE
— BT RIEE

e ICCGEIZEABRT7VYUARRIEZVIL/IN—IZDUNT
— ETAHE

. Tt

- 7055 .LMDEREA
. MEE
- BETRIIRER
« ICCGi%k

 OpenMP
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HEITREAERZTHEITIERL

- #1%HE2;% (Conjugate Gradient, CG)
o« HIJALIE

— AEEIL A F—5f# (Incomplete Cholesky
Factorization, IC)

- RIAZEMEE QAL AT —7

« |CCG
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BIEaAL X X—5f#

o XIFRTHIADLUS \ﬁtr
o XMITHIAIK, MAITHIDZFIALT, [A]=[L][D]L]”
@J:jf&ﬁ/lh \ﬂfF-d—é;t?b\—C%é

— COREHELDL R EE-IIEIEIL A ¥ —5f# (modified
Cholesky decomposition) &I 58,

— [A]= [LIL]I'ET 2 K575 0 fEiEbH S (AL AT —71 %)

N=5M 155 DAl

I
1
o

Q
—
QD
[\

QD
o
w
Q
o
Q
9
| —
—
o
—
o
—

| 0 0 0 0 of L, |

a2l a22 a23 a24 aZS |21 |22 O O O O dz O O 0 O |22 |32 I42 |52

a3 83 Q33 Ay 8y |F |31 |32 |33 O 0)0 O d3 O 0p0 O |33 I43 |53

a41 a42 a'43 a‘44 a‘45 I41 I42 |43 I44 0 O O 0 d 4 0 0 0 0 I44 |54
_a51 a52 a53 a54 a55_ _|51 |52 |53 I54 |55 L O O O O dS__ O O 0 O |55_
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OMP-1

EEOL R T—

Tl d =1 EFHEUTHEMND

—
_ - —
x _
" —
I —
* |
k \|/
© X
O ©
m °
L] 2
T 0 =
-_— T = — —
_ _ Il N
s = _
: © —
"o I ©
(Q\ = D —
(Y L]
|| —
. — ©

| S—



|11 ’dl '|51
|21 'dl '|51 +|22 ’dz ’Isz
|31'd1'|51+I32'd2'|52+l33'd3'|53
Ays
ass

|11 ’dl '|41
|21 'dl ’|41 + Izz 'dz '|42
|31'd1'|41+I32'd2'|42+l33'd3'|43
Ay
asy

— o @ on <
— <+ < < <
S o oo o T T T T o
]l ~ &8 o <
1 O T T ©
S o o o _aA
LS I e
|3|3I3
S O o I & - = =)
— — — N o
T T ©
o o _2_%._ =%
S 98
P e S o i
o _8_& _¢ _d 5 5
= 8 & _F _& =
T o o o ©
I 5

|11 ’dl '|31
Ay
ass

|31'dl'|31+I32'd2'l32+l33'd3'l33

I11 'dl ’|21




AEeEEIAL A X —5 fiF

]
D l-d b =a; (j=12,--,i-1)

k=1
Ilk 'dk ' Ilk = all
k=1
CCT L-d =1 ETHEUTHEIMND
T =12
o EIRIZI, [F5L 155
- | £EHL, COLILHER
J=12,---,1—-1 LWHIEAZLY
j-1
i =a, _Z|ik d, -1, = L = a,
k=1
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O B\ I_|_I S—
2005 L0DET
15T — 4T <$P-L1>/run/INPUT.DAT | D 4E R
32 32 32 NX/Z/NY/ZNZ
1 MEHOD 1:2
1.00e-00 1.00e-00 1.00e-00 DX/DY/DZ
0.10 1.0e-08 OMEGA, EPSICCG

« METHOD
— BILEBITIDERAE FEEBIEILAX—0
« METHOD=1 XA NDHER
» METHOD=2 JExAmMPDKE (Fill-inlLFEL : 27005 E D)
- METHOD=3 x&X4~5—1) 45 (A+vatE)

1=1,2,---,n
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AEeEEIAL A X —5 fiF

]
D l-de by =a; (j=12,--,i-1)

k=1
Iik 'dk 'Iik =
k=1
ZIT I -d =1 ETBELUTAENND
-
1=12,---,n
-
J=12,---,1—-1
j—1
Iij:aij_zlik'dk'ljk , IiJ':aij
ol
. -1
d - 1| 2 d 1! SAMSDHANEED
=&~ 2 lik G| = 1751 LD S
SN k=1
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TREBEILAF—HBERALL
AER B A

(M){z}=(LDL )iz} = {r}

= (Lou) ) == (=

ﬁ
N——’

d, 0 0 0 Ok Ly Ly Ly A ] [T L/l L/ Ly sy 7
0 d, 0 0 0)0 Iy Iy 1y s 0 1 Iyl L/l sy 71,
0 0 d, 0 0[0 0 1, 1, lyl=[0 0 1 I/l g/l
o 0 0 d, 0O)JO0O 0 O I, Iy 0 0 0 1 I, /1y,

0 0 0 0 dsJO O 0 0 Is] [O 0 0 0 1]
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FREBEIL 2% SRERALL
AERIBREA

10
1C 4
IC | {z}= [Minv]{r] |
1C 4
'C:::
do i=1, N
en‘(’ﬁ(‘)v“- W@, R) W(i,DD) =1/l =d.
do i=1, N i -
' !
(L{y}={r} WAL= W(i, Y) S
do k= indexL (i-1)+1, indexL (i) 21
WVAL= WVAL - AL(K) * W(itemL(k),Y) i by by 00
enddo |41 |42 |43 |44 0
\géi,Y)= WVAL * W(i, DD) AL PP PO P I
enaao
do i= N, 1, -1 (1 Ly by L L
(DLT){Z}:{y} SH = 0.0d0 0 1 I/l lu/l, 1,/
do k= indexU(i-1)+1, indexU(i) o o 1 oo
L . 43 33 53 33
SW=SW + AUKk) * W(itemU(k), Z) 0 0 0 { Ll
enddo 474
W(i,Z)= W(i,Y) - W(i,DD) * SW o 0 0 0 .
enddo

10===
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AELBEILRF—SREEALL:
RSB A -5 HIERF I

iC = :
1IC | {z}= [Minv]{r} |
IC :
!C:::
do i=1, N
W(,2)= WG, R : _ _
end(g(') )= W(i,R) W(l,DD)_l/I“—dii
doi=1, N -
' !
(L)z}={z} WAL= W(i, 2) S
do k= indexL (i-1)+1, indexL (i) 2122
WVAL= WVAL - AL(K) * W(itemL(k),2) i by by 000
enddo |41 |42 |43 |44 0
\géi,Z)= WVAL * W(i, DD) AL PP PO PO I
enaao
do i= N, 1, -1 I PS4 PP S PR VO] P TRV B
(DLT){Z}:{Z} SW = 0.0d0 0 1 1o/l Lo/l 1o/l
do k= indexU(i-1)+1, indexU(i) o o 1 oo
L . 43 33 53 33
SW=SW + AUKk) * W(itemU(k), Z) 0 0 0 { Ll
enddo 474
W(i,2)=W(i,Z) - W(i,DD) * SW o 0 0 0 L]
enddo

10===
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solve ICCG(1/7):METHOD=1
5813:1 module solver_ICCG %#{% :

| Gk
!
module solver_ICCG

K COTtai?Zce ICELTOT — N
| Ciokk 501 ve_
' subroutine solve ICCG _ _ _ & BFORCE — B
g (XL NKIL_l ggg i?g,eX%ER)ItemL’ indexU, itemU, D, B, X, & PHI — X
implicit REALx8 (A-H, 0-Z) EPSICCG_) EPS

real (kind=8), dimension(N) :: D
real (kind=8), dimension(N) :: B
real (kind=8), dimension(N) :: X
real (kind=8), dimension(NPL) :: ﬁ

L
real (kind=8), dimension(NPU) :: AU

integer, dimension(0:N):: indexL, indexU W(l , 1)2 W(I , R) = {r}
integer, gimensiongnghgff i%:mh . _ .
;ngg(EE’r]d:EI}g],eng:ﬁlgnsion.(;, I) allocatable :: W W(| ’ 2)_ W(| ’ Z) = {Z}
in:Eeger, parame:Eer s §:; W(| ’ 2)= W(| ’ Q) = {Q}
integer, parameter :: /= . _ .

re s o4 W(i, 3)= W(i,P) = {p}
integer, parameter :: DD= 4

W(i,4)= W(i,DD) = {d}
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solve ICCG(2/7):METHOD=1

10 +——— +
IC | INIT |
10 +——— +
!C:::
al locate (W(N, 4))
do i=1, N
X() =0.d0
W(i, 1)= 0.0D0
W(i,2)=0.0D0
Wi, 3)=0.0D0
W(i,4)=0.0D0
enddo
CuL="b =
= | — ——
doVkE i\r}?\EXL(i(;\II)(JI:;' é?dexlv_’gi) Lo D) *Eéﬂ%l:: I/X$_$J\ﬁ
= - *k2) * W(itemL (k), = _
enddo W(l . DD)— di
W(i,DD)= 1.d0/VAL
enddo
!C:::
_ 1=12,---,n
W(i,DD): of
D(i): a ISR esist
e
. _ l; =& _Zlik de -l = l; =4,
itemL(j): K -
] i1 -
AL: i _ 5 - | AR DOHDEED
) A di=|a; =D L -d| =l | Sneens
k=1
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solve ICCG(3/7):METHOD=1

:nm:{m-mnmnni

do i=1, N
VAL= D (i)*X (i)

do k= indexL (i-1)+1, indexL (i
VAL= VAL + AL (k) *X (itemL (k)

enddo

do k= indexU(i-1)+1, indexU(i
VAL= VAL + AU (k) *X (itemU (k)

enddo
W(i,R)= B(i) - VAL
enddo

BNRM2= 0. 0DO
do i=1, N

BNRM2 = BNRM2 + B(i) *x2
enddo

BNRM2=|b]?2
SHETYURHEIZfEH

~— — ~— —

Compute r®= p-[A]x©®
for i=1, 2, .
solve [M]zC(-D= rG-D
Pi_1= r@i-10 z@-1)
if 1=1
p(l): 7 (0)
else
Bi-1= Pi-1/Pi2 _
pW= zG-D + ., pG-D
endif
gM= [A]p®
o; = pi_/pg®
(M= x(-1) 4 OCip(i)
rM= rG-1) _ OCiq(i)
check convergence |r|

D
)
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solve ICCG(4/7):METHOD=1

1C 0)— 0
| Gokskokokokokokokokokokokkkokokkskskskskskskskskskskskskskskskskskskskskskskskskskskskskskskskk | TERAT ION Compute r( )= b_ [A] X( )

[TR= N for 1=1, 2, .
o dol=1, IR solve [M]z(-D= rG-D
gg | . , pi_= rG-1 zG-1
Igl {z}= Minv]{r} | if i=1
1C0=== 1)— 0
doi=1, N p()— z(®
\évo(li,z>: W(i,R) else
enadao
o e 1 N Bi—_lz pi—_llpi—z )
AT R— Gie P
0 K= Ihdex I=1)+1, I1ndex | ™
WAL= WAL - AL (k) * W(itenl (k). 2) endif _
enddo q(l): [A]p(l)
W(i.Z)= WAL * W(i,DD) -
enddo o; = pi_llp(')q(')
dosviv: N’01bd61 x(M= x(@-1) 4 aip(i)
= 0. i)— i-1 i
do k= indexU(i-1)+1, indexU(i) rd= ra-H — ¢o,;q®
g\év: SW + AU(K) * W(itemU(k),2) check convergence |r|
enadao
W(i,2)= W(i,2) - W(i, DD)*SW end
enddo

1C0===
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| Cokskotokskokokskokokskokskekorskekokskekokskokokskokokskokokskokokskokokskokokskokokskkokskkokk [ TERATION

solve ICCG(4/7):METHOD=1

ITR= N
do L= 1, ITR

IC
IC + : T
0 ] ()= Mind {r] | (M Kz} = (LDL ){z}: {r}
| G '
mﬂ?%ﬂW'm
L -1
do i=1, N
WVAL= W(i, 2)
do k= indexL(i-1)+1, indexL (i)
WVAL= WVAL - AL(k) * W(itemL(k), 2)
enddo
W(i,Z)= WAL = W(i, DD)
enddo
do i= N, 1, -1
°sW = 0.0do (DLT ){z} — {z}
do k= indexU(i-1)+1, ind \ _ .
SW=SW + AU(k) * W(itemU(k),2)
enddo
W(i,2)= W(i,Z) — W(i, DD)*SW
enddo

|l

AIERXA
Forward Substitution

ZEKA
Backward Substitution
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solve ICCG(5/7):METHOD=1

6 - : Compute r®= b-[A]x©
:g | RHO= {r} {z} | for 1= 1, 2, .
m¥:mm0dol solve [M]z(G-D= rG-b

el i+ WG, R, piy= Mt 200

= + * = -

enddo 5 5 Lf 1=1

0= p= z©
else

Bi__lz pi—llpi—z

p(l): z(@-1) 4 Bi_1 p(i)
endif
qH= [A]p®
o; = pi/pMgh
XM= xG-1 + o.p®
rH= G-1) _ aiq(i)
check convergence |r]|

@D
>
o
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solve ICCG(6/7):METHOD=1

I1C

IC 4 =
IC | {p} = {z} if ITER=1 |
IC | BETA= RHO / RHO1 otherwise |
IC 4 =

if (L.eq.1) then
do i=1, N
W, P)= Wi, 2)
enddo
else
BETA= RHO / RHO1
do i=1, N
W(i,P)=W(i,Z) + BETAXW (i, P)
enddo
endif
IC
IC + =
IC | {a}= [Al{p} |
IC + =
do i=1, N

VAL= D (i)W (i, P)

do k= indexL (i-1)+1, indexL (i)
VAL= VAL + AL (k) *W (itemL (k), P)

enddo

do k= indexU(i-1)+1, indexU(i)
VAL= VAL + AU (k) *W (itemU (k), P)

enddo

W(i, Q)= VAL

enddo
!C:::

@D
o

Compute r®= b-[A]x©
for 1=1, 2,

solve [M]z(-D= rG-D
Pi_1= r-1 z@G-1)
it 1=1

p(l): z(0)

else

Bi-1= Pi-1/Pi-2

p(i): z@(-1) 4 Bi—l p(i)
endif
q(i): [A]p(i)
o; = pi_/ptq®
x(M= x(@-1) 4 Otip(i)
r= rG-1 - ¢ qd
check convergence |r]|
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solve ICCG(7/7): METHOD=1

19 , Compute r©®= b-[A]x©®
:g | ALPHA= RHO / {p} {a} | for i= 1, 2, ..
C== | solve [M]zG-D= rG-D
g;;{SZ? X W(i, P)#N (i, Q) L
= C1 + Wi, P)=N (i, if i=1
dd LI
- ALPHA= RHO / C1 p(M= 7
gg_f_ | else
¢ [ [z 1+ Apte o) Bi-1= Pi-1/Pi-2
, ri= {r} - i)— i i
IC + i : p(_')_ z(@-1) 4 Bi—l p(l)
= N endif
X(i) =X(i) + ALPHA * W(i,P) qH= [A]p®
W(i R)= W(i,R) - ALPHA * W(i. Q) ~ (i)
enddo OLi_ = pitllp g _
DNRI2= 0. dO x(D= xG-1 + g.p
gngz': DNRM2 + W (i, R) %2 rd= rG-0 - ¢ qM
enaao
1G=== check convergence |r|

ERR = dsqrt (DNRM2/BNRM2)
if (ERR . It. EPS) then

IER =0

goto 900

else

RHO1 = RHO
endif
enddo
IER =1

@D
>
o



OMP-1

177

solve ICCG(7/7): METHOD=1

19 , Compute r®= p-[A]x©®
:g | ALPHA= RHO / {p} {a} | for 1= 1, 2, .
|C=== | solve [M]zG-D= rG-1)
C1= 0.do _ ([i—;_l) Gi-1)
1= 61+ 0GPy, 0 e T
= + , *k , = =
T w0 e @
Q=== B / Ii) = Z
IC else
IC 4 = ===
IC | {x]= {x] + ALPHA*[p} | Bi_-1= Pi-1/Pi-2
:8 | {rl= {r}] - ALPHAx{q} | pO= zG-D + p. . p®
= endif
oi=1, N - )
X(i) = X(i) + ALPHA * W(i,P) g®= [A]p™
WG R)=WCT,R) — ALPHA % W (3O 0. = pe1/pHg®
0 i = Pi-
DNRI2= 0. dO I = :
doi=1, N XM= x(-1) + g.pd
_ DARI= DNRMZ + (i, R 2 rd= G- _ g.qd
" ERR = dsart (ONRIZ/BNRIR) check convergence |r|
i ERR ?%_ epS) then  F= D-[A]X end
= — 2
goto 900 DNRM2=| r|
olse BNRM2=| b2
RHOT = RHO
endif

Shado ERR= |r|/|b]
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IC
| Ckokok

solve ICCG2(1/3): METHOD=2

IC#+x*x module solver_ICCG2

| Ckkok
|

IC

module solver_ICCG2
contains

IC+x*x solve_ICCG2

IC

&
&

subroutine solve_ICCG2

( N, NPL, NPU, indexL, itemL, indexU,
AL, AU, EPS, ITR, IER)

implicit REAL*x8 (A-H, 0-2)

real (kind=8), dimension(N) :: D
real (kind=8), dimension(N) :: B
real (kind=8), dimension(N) :: X
real (kind=8), dimension(NPL) :: ﬁ

L
real (kind=8), dimension(NPU) :: AU

itemU, D, B, X,

integer, dimension(0:N) 1 indexL, indexU

integer, dimension(NPL) :: itemL
integer, dimension(NPU) :: itemU

real (kind=8), dimension(:, :), allocatable :: W

integer, parameter :: R=1
integer, parameter :: 7= 2
integer, parameter :: Q= 2
integer, parameter :: P=3
integer, parameter :: DD= 4

real (kind=8), dimension(:), allocatable
real (kind=8), dimension(:), allocatable

:t ALlu0, AUIuO
:: DIu0

@o o

Compute r®= b-[A]x®
for 1= 1, 2,

solve [M]zG-D= rG-D

pi_= r@-10 zG-D
1f 1=1

p= 2O
else

Bi-1= Pi-1/Pi-2

178

pHO= zOG-1) + Bi_1 pC-1

endif

qO= [A]pM

o = pi-o/pPg®
XM= x(-1 + o.p
rd= pG-10 _ . q®

check convergence |r|
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solve ICCG2(2/3): METHOD=2

IC
I +—————+
IC | INIT |
IC +————+
! C:::
allocate (W(N, 4))
doi=1, N
X(i) =0.d0
Wi, 1)= 0.0D0
W(i,2)= 0.0D0
Wi, 3)= 0.0D0
W(i,4)= 0.0D0
enddo
cal| FORM_ILUO
! C:::

DIu0, ALIuO, AUIWOIZIKILU(O) S i=xt A, T=HA,
E=AT N AL ETHIMD

179
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FORM I1LUO0(1/2)
APREBEILRX—5E  EFEIZIZTATEEELUS £
solver ICCG2.fIZHMtE

contains .
. i=1,2,---,n
| Cokskok
I Cx*x FORM_ILUO . .
:g*** J=1,2,"',|—1
%g form ILU(0) matrix j-1
" subroutine FORM_ILUO l; =& _Zlik -dy -1y,
implicit REAL*8 (A-H, 0-2) k=1
integer, dimension(:), allocatable :: IW1 , IW2 _ 1
integer, dimension(:), allocatable :: IWsL, IWsU !
real (kind=8):: RHS Aij, DKINV, Aik, Ak] d _(a . | 2'd j — | -1
' i i ik k T
ig e + >~ k=l
:g | INIT. |
| +——— +
!C::: - I\ &7
al locate (ALIuO(NPL), AUIuO(NPU)) Diu0, ALIuO, AE|UO“H:_ILU(O,)H ﬁf:
allocate (DIUO(N)) nt=xAa, T=Aa, E=8aH
do i=1, N A ETHIM]D
DIu0(i)= D(i)
do k=1, INLC(i)
ALIuO(k, i)= AL (k, i)
enddo DIu0,ALIu0,AUIU0 J#ER{EEL T,
do k=1, INUCi) DAL AUIDEZHK AT B,
AUIuO(k, i)= AU(k, i)
enddo
enddo

! C===
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FORM ILUO (2/2)

IC

IC :

;8 | TLU(0) factorization |

i === '
allocate (IWT(N) , IW2(N))
IW1=0
IW2= 0

- do i= 1, N

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0) )= kO
enddo

do kO= indexU(i-1)+1, indexU(i)
IW2 (itemU (k0) )= kO
enddo

do icon= indexL (i-1)+1, indexL (i)
k= itemL (icon)
D11= DIu0 (k)

DkINV=1.d0/D11
Aik= AL1u0 (icon)

do kcon= indexU(k-1)+1, indexU (k)
j= itemU (kcon)

if (j.eq.i) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj
DIu0(i)= DIu0(i) — RHS_Ai ]
endif

if (j.It.i .and. IW1(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj

ijo = IW1())
AL1uO (i jO)= ALIuO(ijO) — RHS_Aij
endif

if (j.gt.i .and. IW2(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj

ij0 = IW2(})
AUIuO (i jO)= AUIuO (i jO) — RHS_Aij
endif

enddo
enddo

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0
enddo

do kO= indexU(i-1)+1, indexU(i)
IW2 (itemU (k0))= 0
enddo
enddo

do i=1, N

DIuO(i)=1.d0 / DIuO(i)
enddo

deallocate (IW1, IW2)

!C:::
end subroutine FORM_ILUO
do i=1, N
do k=1, i-1
if (ACi,k) is non-zero) then
do j= k+1, N
if (ACi, j) is non-zero) then
ACi, )= A(i, J) ,
-A (i, k)*(Ak, k) *A (K, j)
endif
enddo
endif
enddo

enddo
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FORM ILUO (2/2)

IC

IC + t

;8 | TLU(0) factorization |

i === '
allocate (IWT(N) , IW2(N))
IW1=0
IW2= 0
do i=1, N

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0) )= kO
enddo

do kO= indexU(i-1)+1, indexU(

IW2 (itemU (k0))= kO
enddo

=P 4o icon= indexL(i-1)+1, index

k= itemL (icon)

D11= DIu0 (k)

DkINV= 1.d0/D11
Aik= ALIu0 (icon)

do kcon= indexU(k-1)+1, indexU (k)
j= itemU (kcon)

if (j.eq.i) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj
DIu0(i)= DIu0(i) — RHS_Ai ]
endif

if (j.It.i .and. IW1(j).ne.0) then

Ak j= AUIu0 (kcon)
RHS_Ai j= Aik * DKINV * Ak

i1jO0 = IW1(}))
ALTuO (i jO)= ALIuO(ijO) — RHS_Aij

endif

if (j.gt.i .and. IW2(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj

ij0 = IW2(})
AUIuO (i jO)= AUIuO (i jO) — RHS_Aij
endif

enddo
enddo

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0
enddo

do kO= indexU(i-1)+1, indexU(i)
IW2 (itemU (k0))= 0
enddo
enddo

do i=1, N

DIu0(i)= 1.d0 / DIu0 (i)
enddo

deallocate (IW1, IW2)

!C:::
end subroutine FORM_ILUO
do i=1, N
do k=1, i-1
if (ACi,k) is non-zero) then
do j= k+1, N
if (ACi, j) is non-zero) then
ACi, )= A(i, J) ,
—A (i, k)*(A(k, k))*A(k, j)
endif
enddo
endif
enddo

enddo
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FORM ILUO (2/2)

IC

IC + t

;8 | TLU(0) factorization |

i === '
allocate (IWT(N) , IW2(N))
IW1=0
IW2= 0
doi=1, N

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0) )= kO

enddo

do kO= indexU(i-1)+1, indexU (Il |
IW2 (itemU (k0) )= kO o

enddo

do icon= indexL (i-1)+1, index

k= itemL (icon)

D11= DIuO (k)

DkINV=1.d0/D11
Aik= AL1u0 (icon)

w0 kcon= indexU(k-1)+1, indexU (k)
j= itemU (kcon)

if (j.eq.i) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj
DIu0(i)= DIu0(i) — RHS_Ai ]
endif

if (j.It.i .and. IW1(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj

ijo = IW1())
AL1uO (i jO)= ALIuO(ijO) — RHS_Aij
endif

if (j.gt.i .and. IW2(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Akj

ij0 = IW2(})
AUIuO (i jO)= AUIuO (i jO) — RHS_Aij
endif

enddo
enddo

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0
enddo

do kO= indexU(i-1)+1, indexU(i)
IW2 (itemU (k0))= 0
enddo
enddo

do i=1, N

DIu0(i)= 1.d0 / DIu0 (i)
enddo

deallocate (IW1, IW2)

!C:::
end subroutine FORM_ILUO
do i=1, N
do k=1, i-1
if (ACi,k) is non-zero) then
do j= k+1, N
if (ACi, j) is non-zero) then
ACi, )= A(i, J) ,
-A (i, k)*(Ak, k) *A (K, j)
endif
enddo
endif
enddo

enddo
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FORM ILUO (2/2)

IC
IC + t
;8 | TLU(0) factorization |
iG=== - '
i=12,---,n
j=1.2,--

1
j-1

s '3i_
h ::au":E:hk'dk'lm

1

K=
i-1 =L

‘ di::[an__zzzhkz'dk) :IH4 ‘
k=1

do icon= indexL (i-1)+1, index

k= itemL (icon)

D11= DIuO (k)

DkINV=1.d0/D11
Aik= AL1u0 (icon)

w0 kcon= indexU(k-1)+1, indexU (k)

j= itemU (kcon)

if (j.eq.i) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak
DIuO(i)= DIu0(i) — RHS_Aij

if (j.1t.i .and. IW1(j).ne.0) then

Ak j= AUIu0 (kcon)
RHS_Ai j= Aik * DKINV * Ak

i1jO0 = IW1(}))
ALTuO (i jO)= ALIuO(ijO) — RHS_Aij

endif

if (j.gt.i .and. IW2(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak

ij0 = IW2(})
AUIuO (i jO)= AUIuO (i jO) — RHS_Aij
endif

enddo
enddo

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0
enddo

do kO= indexU(i-1)+1, indexU(i)
IW2 (itemU (k0))= 0
enddo
enddo

do i=1, N

DIu0(i)= 1.d0 / DIu0 (i)
enddo

deallocate (IW1, IW2)

!C:::
end subroutine FORM_ILUO
do i=1, N
do k=1, i-1
if (ACi,k) is non-zero) then
do j= k+1, N
if (ACi, j) is non-zero) then
ACi, )= A(i, J) ,
—A (i, k)*(Ak, k) *A (K, j)
endif
enddo
endif
enddo
enddo
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FORM ILUO (2/2)

do k0= indexU(i-1)+1, indexU (Il

IW2 (i temU (k0))= kO

enddo

do icon= indexL (i-1)+1, index

k= itemL (icon)
D11= DIu0 (k)

DkINV=1.d0/D11
Aik= AL1u0 (icon)

w0 kcon= indexU(k-1)+1, indexU (k)
j= itemU (kcon)

if (j.eq.i) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak
DIuO(i)= DIu0(i) — RHS_Aij

if (j.1t.i .and. IW1(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak

ijo = IW1())
AL1uO (i jO)= ALIuO(ijO) — RHS_Aij
endif

j<i

if (j.gt.i .and. IW2(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak

ij0 = IW2(})
AUIuO (i jO)= AUIuO (i jO) — RHS_Aij
endif

enddo
enddo

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0
enddo

do kO= indexU(i-1)+1, indexU(i)
IW2 (itemU (k0))= 0
enddo
enddo

do i=1, N

DIu0(i)= 1.d0 / DIu0 (i)
enddo

deallocate (IW1, IW2)

!C:::
end subroutine FORM_ILUO
do i=1, N
do k=1, i-1
if (ACi,k) is non-zero) then
do j= k+1, N
if (ACi, j) is non-zero) then
ACi, )= A(i, J) ,
—A (i, k)*(Ak, k) *A (K, j)
endif
enddo
endif
enddo
enddo
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FORM ILUO (2/2)

do k0= indexU(i-1)+1, indexU (il

IW2 (i temU (k0))= kO

enddo

do icon= indexL (i-1)+1, index

k= itemL (icon)
D11= DIu0 (k)

DkINV=1.d0/D11
Aik= AL1u0 (icon)

= do kcon= indexU(k-1)+1, indexU (k)
j= itemU (kcon)

if (j.eq.i) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak
DIu0(i)= DIu0(i) — RHS_Ai ]
endif

if (j.1t.i .and. IW1(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak

ijo = IW1())
AL1uO (i jO)= ALIuO(ijO) — RHS_Aij
endif

if (j.gt.i .and. IW2(j).ne.0) then
Ak j= AUIu0 (kcon)
RHS_Aij= Aik * DKINV * Ak

ij0 = IW2(})
AUIuO (i jO)= AUIuO (i jO) — RHS_Aij
endif

enddo

enddo

do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0

enddo

do kO= indexU(i-1)+1, indexU(i)

IW2 (itemU (k0))= 0

enddo
enddo
do i=1, N
DIu0(i)= 1.d0 / DIuO(i)
enddo
c deallocate (IW1, IW2)
end subroutine FORM_ILUO
do i=1, N
do k=1, i-1
if (ACi,k) is non-zero) then
do j= k+1, N
if (ACi, j) is non-zero) then
ACi, )= A(i, J) ,
-A(i, k) *x(A(k, k) T*A (K, j)
endif
enddo
endif
enddo
enddo

j>i

186
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B if (j.gt.i .and. IW2(j).ne.0) then
I=12,---,n Ak j= AUIuO (kcon) j>i
RHS Aij= Aik * DKINV * Ak j
J=12,---,1-1 i j0 = IW2())
Tl AULu0 (i jO)= AUIuO(ijO) — RHS_Aij
h _'au‘IEEZLk'dk Im‘ endif
S ggddo
il enddo
d; = aﬁ__:E:Lk2'dk :Iii_1 : : , .
= do kO= indexL (i-1)+1, indexL (i)
IW1 (itemL (k0))= 0
enddo
do k0= indexU(i-1)+1, indexU (il
IW2 (itemU (k0))= kO do kO= indexU(i-1)+1, indexU(i)
enddo IW2 (itemU (k0))= 0
enddo
do icon= indexL (i-1)+1, index enddo
k= itemL (icon)
D11= DIu0 (k) do i=1, N
DIu0(i)=1.d0 / DIuO(i)
DkINV= 1.d0/D11 enddo
Aik= ALIu0 (icon) c deal locate (IW1, IW2)
=P do kcon= indexU(k-1)+1, indexU (k) " end subroutine FORM_ILUO
j= itemU (kcon)
if (j.eq.i) then —— — N ~ -
AK = AUIUO (kcon) EIZZDIFXOFIFE L E L

RHS_Ai j= Aik * DKINV * Ak
DIu0(i)= DIu0(i) — RHS_Ai ]

endif

Ak j= AUIu0 (kcon)

endif

if (j.It.i .and. IW1(j).ne.0) then
RHS_Aij= Aik * DKINV * Akj

i1jO0 = IW1(}))
ALTuO (i jO)= ALIuO(ijO) — RHS_Aij

j<i (FEERIFER)

AL 1u0= AL
AUluO= AU

Li=A"> T,



i=i, j<i. j>i (1/3)

HHEZXRIN(O) I
2Tk O)IDE=

(1) J=i

.
i=1,2,---,n

188

ERT AT =AM
AR (W) 1hY:

[1B&THAH5E, Diu(l) ER
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i=i, j<i, j>i (2/3)

K : HBERN(O)IIEETIT=ARK
™ J = ATk( O) 1D E=FAAAT(M) I
b N (2) J<i

IO T=AKNTHHIHFE
ALIuO(i-j) () B &5




i=i, j<i. j>i (3/3)

- HHEZXRINQO) JIZ
D : STk( O)IDE=

(3) J7i

.
i=1,2,---,n

190

ERT AT =AM
ARATj(W) 1hY:

DO E=AMNTHAHEE
X AUIuO(i-j) (M) B #f

EREIX(2), (Q)ITKEATHIGFEITEL
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solve ICCG2(3/3): METHOD=2

I 0)= 0
| Ckskskskokskkskskskskskskskskskskskskskskskskskskskskskkkkkkkkkkkkkkkkkkkkkkkkkk [ TERATION CompUte r( )= b_ [A]X( )

[TR= N for 1= 1, 2,
o dolL=1 IR solve [M]zC(-D= rG-D
P . : 0i = rG-1 zG-D
:g | {z}= Minv]{r} | ﬁ 1=1
1C0=== 1)— 0
do i=1, N p= z®
\géi,az W(i,R) else
endado
o i1 N Bi-1= Pi-1/Pi-2 ]
\(AjNAk?W((ij,Z)L(, el indexl (i) pH= zG-D + B; , pt-b
0 K= IhaexL(I—1)+1, 1naexL(l B
WAL= WVAL - ALIUO (k) * W(itemL (k),2) endif _
enddo q(l): [A]p(l)
W(i,Z)= WAL * DIu0(i) .
enddo o; = pi_llp(')q(')
dos\;v: N,O1bd61 (M= x(i-1) 4 aip(l)
= o ) -_1 o
do k= indexU(i-1)+1, indexU(i) rv= ra-H - q;q®
eng\g; SW + AUIuO (k) * W(itemU(k),Z) check convergence |r]|
W(i,2)= W(i,Z) - DIu0(i)*SW end
. enddo

NLLTDNE XIsolve ICCGIEELEIL
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solve ICCG2(3/3): METHOD=2

IC

| Cokskotokskokokskokokskokskekorskekokskekokskokokskokokskokokskokokskokokskokokskokokskkokskkokk [ TERATION
ITR= N
do L= 1, ITR

IG

¢ (- it | (M )fz}=(LDL" fz}={r}
NG D= R (L){Z}— {I‘} HIERX A

eﬂid‘.’ LN Forward Substitution

WVAL= W(i, 2)
do k= indexL(i-1)+1, indexL (i)
WVAL= WVAL - ALIuO(k) * W(itemL(k),Z)
enddo
W(i,Z)= WAL * DIuO (i)
enddo

o ¥ ot DU fz}={z}|  ®ERA

do k= indexU(i-1)+1, ind

5= e iy < Oiill69, 2 Backward Substitution
géé,2)= W(i,2) — DluO(i)*SW
en

| Gl

(%, ALIuO, AUIUIOD{EIFAL, AUEL<FILTH S,
METHOD=1, METHOD=2M%& % (RERIZ) [XFEL



OMP-1 193

AL EEIAL R T—5 fiE
HEDSSE AV ADEE

O%imf=9 £57% (i--k) GjD AT T Hk) HELY




ZOULV215E [FAUIUO, ALIUOAY

BN SAEEEHY



e =3
°* BER

— ARATEE
— BT R IEE
e ICCGEIZEABRTYUARBREYVILIN—IZDINT

- BT

« T—REE

— J0%455.L0OERER
- FHAE
o BREITN)ORER
. ICCG%

« OpenMP




OpenMPZERA 9 4(Z(E ?(NiE)

VAL= 0. d0
do i=1, N

VAL= VAL + W(i,R) = W(i, 2)
enddo
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OpenMPZERA 9 4(Z(E ?(NiE)

VAL= 0. d0
do i=1, N
VAL= VAL + W(i,R) = W(i, 2)
enddo
VAL= 0. d0 — — 3
. . OpenMPT AL I T4 DA
| +: -
.$0MPdOPAIi2£L=_’ELNDO PRIVATE (i) REDUCTION (+:VAL) - CH B SR (L AT B
VAL= VAL + W(i,R) = W(i, 2)
enddo

|$OMP END PARALLEL DO
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OpenMPZERA 9 4(Z(E ?(NiE)

VAL= 0. d0
do i=1, N
VAL= VAL + W(i,R) = W(i, 2)
enddo
VAL= 0. d0 — — 3
. . OpenMPT AL I T4 DA
| +: -
.$0MPdOPAIi2£L=_’ELNDO PRIVATE (i) REDUCTION (+:VAL) - CH B SR (L AT B
VAL= VAL + W(i,R) = W(i, 2)
enddo

|$OMP END PARALLEL DO

'

ZEIIL—TDEA

VAL= 0. d0
I$OMP PARALLEL DO PRIVATE (ip, i) REDUCTION (+:VAL) PEsmpTOT: AL w2
do ip= 1, PEsmpTOT HoMLHIINDEX()IZFRELTHL
do i= index (ip-1)+1, index(ip) SUREEIZHFIEHEER
\Ollél\L: VAL + W(i,R) * W(i, 2) (BIZEhBEA LT DD IFTIREL)
enaao
enddo

I$OMP END PARALLEL DO
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OpenMPZERA 9 4(Z(E ?(NiE)

VAL= 0. d0
do i=1, N
VAL= VAL + W(i,R) = W(i, 2)
enddo
VAL= 0. d0 — — 3
. . OpenMPT AL I T4 DA
| +: -
.$0MPdOPAIi2£L=_’ELNDO PRIVATE (i) REDUCTION (+:VAL) - CH B SR (L AT B
VAL= VAL + W(i,R) = W(i, 2)
enddo

|$OMP END PARALLEL DO

'

I$OMP PARALLEL DO PRIVATE (ip, i) REDUCTION(+:VAL) ~ PEsmpTOT:RLwk#
do ip= 1, PEsmpTOT HoMLHTINDEX()1ZRAELTHL
do i= index(ip-1)+1, index(ip) FYRERIZAUFIEHE R
VAL= VAL + W(i,R) * W(i,2)
ekl PESmpTOTIEMD AL yRAIIS EAY,

enddo Y
I$OMP END PARALLEL DO WHNZZELT
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OpenMPZERA 9 4(Z(E ?(NiE)

VAL= 0. d0 ZEI—TDODEA 3
1$OMP PARALLEL DO PRIVATE (ip, i) REDUCTION(+:VAL) ~ PEsmpTOT:ZLwkZ
do ip= 1, PEsmpTOT HoMLHTINDEX()1ZRAELTHL
do i= index (ip-1)+1, index(ip) KYREE(ZHEFIET B E
VAL= VAL + W(i,R) * W(i,2)
enddo PESmpTOTE®D XL yR A5 LAY,
enddo IF =T
I$OMP END PARALLEL DO
FEERNFHESNDIRALURE
IBETED
Bl Z (X, N=100, PEsmpTOT=4,9 %¢&:
INDEX(0)= 0
INDEX(1)= 25
INDEX(2)= 50
INDEX(3)= 75

INDEX(4)= 100
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OpenMP/Directives
Array Operations

Simple Substitution Dot Products
I$omp parallel do I$omp parallel do private(iS, iE, i)
do i=1, NP | $ompé& reduction (+:RHO)
W(i,1)=0.d0 do ip= 1, PEsmpTOT
W(i,2)=0.d0 iS= STACKmcG (ip-1) + 1
enddo iE= STACKmcG(ip )
I$omp end parallel do do i= iS, iE
RHO= RHO + W(i, R)*W (i, Z)
enddo
DAXPY enddo

I$omp end parallel do

I$omp parallel do
do i=1, NP
Y(i)= ALPHA*X (i) + Y (i)
enddo
I$omp end parallel do
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omp parallel (do)

« omp parallel-omp end parallellXZD=UICX L v
FEAERR, JHiRSHE S : fork-join
IL—THhERT b INDF—nN—~Ay FITHGEE
ENH 5,

« omp parallel + omp do/omp for

1$Somp parallel ... #pragma omp parallel ...
1Somp do #pragma omp for {

do 1= 1, N
1Somp do #pragma omp for {

do 1= 1, N

1$Somp end parallel WhZE



ICCGEMD A F1E

« N%5:0K
e DAXPY:0OK

« ITHIRYKILEE

» R

203
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THIANIRIVIR

doi=1, N
VAL= D (i)W (i, P)
do k= indexL(i-1)+1, indexL (i)
VAL= VAL + AL (k) *W(itemL (k), P)
enddo
do k= indexU(i-1)+1, indexUC(i)
VAL= VAL + AU (k) *W(itemU (k), P)
enddo
W(i, Q)= VAL
enddo

204
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TN RILIR

I$omp parallel do private(ip, i, VAL, k)
do ip= 1, PEsmpTOT
do i = INDEX(ip-1)+1, INDEX(ip)
VAL= D (i)W (i, P)
do k= indexL (i—-1)+1, indexL (i)
VAL= VAL + AL (k) *W(itemL (k), P)
enddo
do k= indexU(i-1)+1, indexU(i)
VAL= VAL + AU (k) *W(itemU (k), P)
enddo
W(i, Q)= VAL
enddo
enddo
I$omp end parallel do

205
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THIRIERILEE : SN THOK
GPU, A—/a7TTlZZBELOAMNRRUNEESE
HYIL—TREE B

I$omp parallel do private(i, VAL, k)
doi=1 N
VAL= D (i)*W (i, P)
do k= indexL(i-1)+1, indexL (i)
VAL= VAL + AL (k)*W(itemL (k), P)
enddo
do k= indexU(i-1)+1, indexU(i)
VAL= VAL + AU (k)*W(itemU (k), P)
enddo
W(i,Q)= VAL
enddo
I$omp end parallel do




ICCGEMD A F1E

« N%5:0K
e DAXPY:0OK

e ITHIROKILFE:OK

» R
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A AL I

XART—) 135

do i=1, N
W(i,Z)= W(i, R)*xW(i, DD)
enddo

I$omp parallel do private(i)
doi =1, N
Wi, Z)= Wi, R)«W(i, DD)
enddo
I$omp end parallel do

I$omp parallel do private(ip, i)
do ip= 1, PEsmpTOT
do i = INDEX(ip—-1)+1, INDEX(ip)
Wi, Z)= W(i,R)=W(i, DD)
enddo
enddo
I$omp end parallel do

TE2THM?

EH . THEL

64*64*64
METHOD= 1

1 6.543963E+00
101 1.748392E-05
146 9.731945E-09

real Oml1l4.662s

METHOD= 3

1 6.299987E+00
101 1.298539E+00
201 2.725948E-02
301 3.664216E-05
401 2.146428E-08
413 9.621688E-09

real Om19.660s

208
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RILIE (X EST HH?

Z - do i= 1, N

OLR¥:— VAL= D (i)
N do k= indexL (i-1)+1, indexL (i)
VAL= VAL - (AL (k) **2) * W(itemL (k) DD)
enddo
W(i,DD)= 1.d0/VAL
enddo

AIER A do i= 1, N

WVAL= W(i, Z)

do k= indexL(i-1)+1, indexL (i)
WVAL= WVAL - AL (k) * W(itemL (k), Z2)
enddo
W(i, Z)= WWAL * W(i, DD)
enddo
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T —HHKF M AR DGRARAAHEEE
HUARIRFICFEAEL, il 511k 2

Z - do i= 1, N

OLR¥:— VAL= D (i)
N do k= indexL (i-1)+1, indexL (i)
VAL= VAL - (AL (k)**2) * W(itemL (k), DD)
enddo
W(i,DD)= 1.d0/VAL
enddo

AIER A do i= 1, N

WVAL= W(i, Z)

do k= indexL(i-1)+1, indexL (i)
WVAL= WVAL - AL(k) * W(itemL (k), Z)
enddo
W(i,Z)= WVAL * W(i, DD)
enddo
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AZRALYRIZKAMFEZ KA D

1314|1516
9 10| 11|12
5| 6|7 |8
1123 |4

RERA

do i=1, N
WVAL= W(i, 2)
do k= indexL (i-1)+1, indexL (i)
WVAL= WVAL - AL(k) * W(itemL (k), Z2)
enddo
W(i,Z)= WVAL %« W(i, DD)
enddo

211
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HIERX A
AZRALYRIZKAMFEZ KA D

énddo

énddo

énddo

énddo

I$omp parallel do private (ip, i, k, VAL) INDEX(0)= 0
1311411516 do ip=1, 4 INDEX (1)= 4
do i= INDEX(ip—-1)+1, INDEX(ip) INDEX (2)= 8
9 |10 11112 WVAL= W(i, 2) INDEX (3) =12
5 6|78 do k= indexL (i-1)+1, indexL (i) INDEX (4) =16
WVAL= WVAL - AL(k) * W(itemL (k), Z)
enddo
11234 W(i,Z)= WAL * W(i,DD)
enddo
enddo
I$omp parallel enddo
| ,, ,, | ZDEIFARL YR A EFFIC
do i=1,4 ||do i=5.8 ||do i=9,12 ||do i=13,16 %ﬁﬁéhé---
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131141516
9 110 11|12
5| 6|7 |8
1123 |4

FFICHE

I$omp parallel do private (ip, I, k, VAL)

do ip= 1,

4

do i= INDEX(ip-1)+1, INDEX(ip)
WVAL= W(i, Z2)

do k= indexL (i-1)+1, indexL (i)

WVAL= WVAL - AL (k) * W(itemL (k), Z)

enddo

W(i, Z)= WVAL = W(i, DD)

enddo
enddo

I$omp parallel enddo

#0 thread

1

#2 thread

SNDERS

213

T—UKRTFEME : ARUADEZHL,
SEAFIA A DA [E]

INDEX (0)= 0
INDEX (1)= 4
INDEX (2)= 8
INDEX (3) =12
INDEX (4) =16

\'h

T—RRFIERE
MDESET=A

DAk

EL)
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ICCGEMD A F1E

« N$E:0K

« DAXPY:0K

o fTHIRYKILFE:OK

o FIALIR: LA EMLEITIIRESAE0N

— BEfiIZOpenMP7i & M $57r1T7 (directive) 3 AL T=1=17
TIXIN I F[4E 1 TELELY,




